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1. a) jsinaxdw, b) J-I—iiLosx’ c) j‘\/it—_xdx, d) Jld_xx
(ZHE 2B HE1E.)O

cosar

ﬁ_ﬂ’f’s: a) _T+0’ b) ] JH % F KX 14cos x=2cos2£. FEEH

2
teg+0, O 4 l-s=u -2WI—a@+e, @ 4l-a=u
—In(1—2)+4+0.

2. a) j\a/ (a+Bx)? da, b) Jcos (ax-+b) du,

c) K:/;i;+sin —g—) dx.

% 8) ot Y@IED+0, (6%0), b) =sin(aa+0)+0, (a0),
3 %5 x
e) iz J—Zc——2cos§—+0’.

( a"dx
3, jm=? (ZHEB 28 HE2/8.)

In (az*1 +p)

. —_— +1 —nz.
ﬁ?. 1) ﬁﬂ:{: 1, '%d.’t" +ﬁ—’l,6, a(”+1)

+0, (az0).
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130 B—-% WBon

111 x

2) Hn=-1, +G (@+p+0).

jtg@d(p:? (BH% 28 FH 3 1.)

B BLREFA gl =115 tgy—s+C.
4 0s2p

ot

. Ja.rcsinxdx=1 (BB WBEHB4E)

ff: = arc sin 2+/1-22+C. (rEHST )

J' rdr
RS EA
1

fe: Bot=w —gagy O

=

N

J‘ 20 dr
N34z !

e 4 3—do=u —%(2m+3)\/3—4x+0.

dx
8. J=J——————=
oz —1 ¢
1 _ 2d 2 wu du
ﬁ_@: ’%‘ $"=@‘L‘2‘; nx" 1dx=“—uTu§ J=__'n*j-u3x”‘1 '.’L"\/l—'lﬂ:
2 1
=—77arccos\/ﬁ+0.
= 1__Smx - _ sinwdy
9 2) JI_J‘ 14si dr=1 b) Jzﬁj‘\/sinﬂx——sin%c

dsin z . . .
ﬁ'lg’:; a) Jl-—j\/l_l_ = =arsinh(sinz) +C=1n (sinz+

+VITSTR +C (BH§3O). b) Ty=— [0

s2a— eos?x

n dt CoS T
At =cosz/cosa, BH Jo=— J.'\/—l—tz = arecos (c—os—&)-l-(].
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[ dz__ Vi=d*
10. a) J——-J.x'\/l—_?—, b) I p dx.
R A l-a?=u?, %32
zdz du _ 1/( du du 1, u—1, .,
W =f ot === () =g i v =
., ,
=;1n—(1—«/21-x2> TR SRR TS L.lV5 Cr
2 x 2 ) x
=1n1_—#+0,
b) J_j\/l—zz-a:dx__ uzdu_jd +J‘ du
= P = 1w = U u——z_l—
=«/i‘—7ﬁ+1n1;*#+a.
dx
R P

fR. % e®=u; arc tg e?+C.

19. J=j 92 _ .y (BB 28 EH 5 E.)

cosh z

1-611-22 =2are tg e*+0. (£HE 11 E.)

R 4 ef=uw J=2j

13. [ do ?

on/I+at

ﬁ?: A 1/a? = ——:zl—arsinh (1/=z2+)C.

14. jxe‘wdx= ?

ecw

iz _a—(w_ 1

@

)+0. (BB L)

15. J=jx te® o dw=1

M. J= j ml-—'ocoszwdw=x tg +1Incos x-—-—%—x"’+0. B a k)

cos?x
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carc tg o
16. J= j—-ﬂ—?

(1+2)*
fg. 4 arctgo=u; J=J‘e"” cos udu=e°”sinu—cfe“‘sin udu =

e®" (sinu--ccosu)

=e% sin u+ce®® cosu—czfe”“cosu du. TG J = 1152 +cC.
K4 z=tgu, Bi L) cosu=\—/ﬁ, sinu=ﬁ, TE
=
e e T i ) (e

=~ (b+£)+o_.
18. RiE (o "dx—ﬁ, o HLA R H A0, (i o HTEs S

BHaia), (RE 28 HEG6HE.)
iE: HHat=e"?=cos(lnz) +isin(lnz). (REB—%§3006).)
& Ine =u, A

[ cos (in 2)dw = [¢"cos udu:%e"(cos u+sinu) +Cy.
(BEREB % MBI HE
 sinin w)dw:%e"(sinu— cos w) +Cs.
B LA
jxfdz=%e“(cos u+ isin w+sin u— i cos u) +C'=

= Lot 1) +0=1 £t

19. J=jtgh3 wdu=1
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fRO: WA tgh u du=d(lncosh u), 57 LA

2tghulncoshu

cosh?u du+Co.

J = j tgh?u d (Incosh ) =tgh? u lncosh u—

ME4S coshu=x, B — M RIRER

In A dx 1 1
33 =—F1n7\.—'2?+01

2

(HEBBE). L

J =tgh?uln coshu + ! ncosh * +2 coihz "

+C,=1necosh u— —;‘—tghzu+0.
20. J=j\/x+¢7dx=?
ﬁ.ﬁi; L x=u? J=2J\/u+u2 udu=2j‘~/ u+%—>2 —%<u+%)du—

-l

PR utg=v, BAEI (20 §301)

J= 2J~/02~—vdv— jJUZ——dv \/a;+\/ )

_5(\/7+E)«/H—ﬁ+—§1n<\/7+5+m>+a=

=1l2(4\/';+3) (2\/-5—1)\/w+\/?+%-1n(\/7+%+\/x+\/}—) +0.
AR LB R F R

=%('\/x+\/7ﬂ_)3 _%(ﬁq._%_)vx+ﬁ+%arcosh(2\/?+1) +¢ .

(£ §3(8)).
a1. J=[(1nx)mdx=?(m%m§&). (BHE% 2B HE 7H.)

@ FiEs RSP R — 2 2 (tghr)’ = sech?x= — tgh?x+1, BT Ll
j‘tgh% dr= j (1—sech?z)tghz dr= jtghxdx— jtghxdtghx:

=1n cosh x— %tgh2x+0. — A,
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ﬁ_ﬁ’:; LHlnzg=u; J= ju’"e“du=e"u’”—m j e umdu

=e%u™ —me"u™ 2+ m(m—1) j e u™2du
&4 BRE ) :
J=C+z[ (Inz)"—m(nz) ™ 1+m@m—1) (nx) "2+ + (=1)"m; 1.
22. jxv—lanxydx:%,q:? (p0, Ti ¢ HEREH). (BHE

28 HiE 8. )
fE: 4 lnz=u; gpq= juqepudu=

(%218, B

_z’ql ((plnz)? (plnx)a* .
q,qu_pq+l\ ql (q—‘l)l + =+ ( l)q)+0.

HE: Ap=0m4%

* (In z)? (In zya*t
0= § 22 o= S0 (gD,

—=\eP¥qui-l dut(C %%

eP'y? 1
P 14

dx

———=In(ln z) +C".
zlnzx

P0,-1=
23. J =5—111—(1x—nx—)dx=?

W: 4 Ino=y; /= |lnydy=y(Iny—D+C=Ino (n(ns) —1)+

+C. (FERaE)

+1
2. J= jx"dx=? (n BEIHA>0). (RIEBHE 9E.)
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e e E—A, BR y=o" B—AAEK, FURSETE. W
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Reon B—1B%, WA T=2 [ardo=2: 4D,
0

25. IR
7=

. 1 1 U
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T moee

(2% 20 HFE 108.)

2:44:6 68 (2m—2)-2m

= lim (’_3_5 T @m—1)- (2m—1))=

=T (@mMs2M).
}35‘30(;[:];(1‘<2m)2))2m+1‘

1 (lﬁ_3-5.5-7.._(2m—1)(2m+1). om )_
= o \227°44°6-6 2m-2m am+1)"

26. J=<n>j1nxdx"=? (REZ 29 ELZ 11E.)

fR: MAAK§23). BN

@) e 1
= _ 2 % == e
j‘lnwdm zln z—a, glnmdm zi(lnx 1 2),

® jm"“lnmdﬂc=%§( lnz-—%)
T8
) ny.
j In z dz" =;%(;1n w—l—%— —%)+Gn—1(a¢).

Frp G (@ RF—4 n—-1 XREHK,

_[({@ PO @Y, _
27. J-K + 3L )dx ?

#: 41D = mnw =L g
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7= [uau=—ur+0== gy +O-
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[ de
2. J=| i =t

du

ﬁ‘@: rtl=u; J= 1

J=—;—ﬁarctgv+0=—éﬁarctgfj—l+0
= x—+2_ =7
29. J J.x2+4x+5dw ’
%:%w+2=%ﬁﬁ

mES u=v/2, WK

J= j ' ]n(u2+1) +0= —1n(m2+4x+5) +0.

wH1 2
30. J=j fgz?
s .1;21—9_%(3%3—%%); J—%In fc_Tg'l'G
3 JZIxﬂ—x?il;-m !
W ohramiag ey T g+
32. sz?(%:?
Ry e LU SR T e

—3zx+2
AT
:3:13=1+(z—:2z)42i—1)=1+x§2_xil’
J=w+ln§w ?;2+0
34. sz(zz——i%;r—mﬂ

a? A B c 1

+—5+— 4=, B=

B M e Te—i T2 T eiT 47 6

(x_3)3w+b+0
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1, (@—1) (2+2)8

R s
Sdx
35, J:J___x__:
(F—1)(x+2)
z 1 22 —2—-2 1 { 4 B
T B P Y ey Sk el ok Y o Gy e (m+1+w—__1+

o __ 1 __ 1 8 s_ NNa+1¥ =1
*ay) AT B O=tgs J=otintg—y +0.

dx
36. J= jj—m—? (BB 29 HE 128,)

101 1
B MRARX 4+5x2+4 3(w2+1“x2+4);

J=l(arctgm —lalctg )—!—O’

3 2
(28t 42P 2043,
37. J_j e de=1 (£BI% 20 FH 13 18.)
2% +4a2 +20+3 _ 4 Ez+F
B B e =t et BT

A_—O, B=1, 0=2, D=3, E:O, F:—-]_;

J=c—arctg z—ax1— g2~ z3,

dz

38. J—_—j =2

1—a®

L _ 4, BatC ,__ 1 2
B BT a1 Hyoqa 4=B=3 O=3
- mp i B2l o 1 -
J=—gind-o g [ 2 et o [ +w+w2+0
=—3n0-a)+ T +ota) 45 [ ( )2+o"
= - +in(1- w)+—1n<1+x+m2)+“/ amgljgﬂo_

_%(ln*/————JlJF””” +4/ B are tg (1+2"”))+0

da
39. J= J(xﬂ ="



138 B—F Bok

1 4 B o D
B B T T Ganr Tar i T o) Ta—1

1 x z+1
D——Z’; J—E(T‘—;-Fan 1+Cu.

40. J= <(“¥+1g3>2dx==?

ﬁfp: S r—1=u; 22+1l=u+2u+2; dr=du.

(w? 4 2u+2)? 1,2
J=5———G——du=00-—(—+—2 3u3+ +5u5)

—Cym 15u4+30u3+40u2+30u+12
=Y 15u5
15z% — 3023+ 4022 — 20z 47
AER A, J=0C¢— 15(z—1)° .
a1, J= jlj_x,,—? (BB 29 HEUH)

ﬁié H 1dzt=1+2t422%—222= (1+22)2—-22°=
=142 2 +22) L—an/2 +22),
ﬁé%ﬁﬁﬁﬂ:ﬁﬁél
1\/—- 1\/—
_51+x\/2+x2 jl x\/2+w2

_\/Z/J‘ 202 +22 j 272 -2z )_
Ttz te N ol 2 e

2 Zz —\/ o
_\/2(j.<1+\£\2/i2:2+x2 l—xj;—fwz)dw—*_
V2 NI
+ [<1+m\/%+m2+1—x\/%+m2)dx)=
a:\/ 22 —
\/82(I i+m\/§ :l!_-x2+\/2( 1+xj%+m2 jl w\/z +z2)>

M o+ av/ T =2V B, A

jm =+/2arc tg (zv/ 2 +1);

TR A
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dz o
m—\/ 2 aretg(zn/ 2 —1).

BLR 2 A

arc tg a+arec tg =arc tg 1“_—*-(53

B ERR

A/ 2( 142V 2 +a2? /2 )
J=Y 2 | =TV & TE 10.
8 n 1—2v/ 2 +a? Zare tg

(2 .
42. J_[1+x4dx—? (BRI 20 B2 15 18.)
B fRis AR (2R 418 B

\/_
= ( -[1+:v'\/2 T2t jl x\/2 o m)

ﬁ-:ﬁﬁaw%unm\/z s — B ST LR B4 Bk LA R T @ R R
J = \/—/ 1 2/ 2 +a?

— 1 1 )
Trav2 +x2+ 2 j(l—m/?+w2+1+x«/§+m2)d” ’

a \/2{ 1 a2 +a? /2
R J= \ N o5 ta ; H2are teT )+G

&, Lt
43. a) Ji= j1+ dw=% b) Jo= j1+ dw=1
ME: RIS AL 15 42 BN R R 8k 4 30

1 =1 2+ . w2
a) Jy =Z\/21 %_‘_—wzﬁ-(] b) Jz——-\/_Z—arc tg1 2+C.

- [2f+a—1

B4r—1 A4 Cz+D :
B W o=t taiyy A=-1l B=D=l 0=0

J=%+1n ztarctgaxt+C,.

45. NTL B0y 246 5 4y S Bk B HUKE KRR (5 — %

§10, 9)BE M ¢ B HEEK: ——ay, IR E BB B H AR,

BMEAEBREER DA SAORTHRELWR, TRA
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F—-E Pon
dy _ . _
dt—ay b?/21

(a, 5=0).

R E RN ¢ ALy OLRESHHANHO. (284
BOHBITHE)

fif: AEMSHBNER (BH%— WG E 5% 168, FH58 64
O#HB, #

t = dy

L ~ L, Y -
ay—by® j( a— by) y~a1na—by+0—
1 —b

=—E1naT:2+to

J O=Tinb+o,. TR

@ etli=to)
Y= Txesti-to*

% t—oo i, y BT

46. J:Iimje—mx.ndm? (BB E0HE 18, )

0

] BLAAR §1(26), 1

J=—lim (“’n+n“’"—l +an—1) "2+ +nl
W-yw

P )+nl
n
EH % n=0,1,2,3, i, im T<0, BiRLJT =nl

47, J Joosxcos 9 cos Swdr=? (LMPE 30 HH 19E.)
. BLAMELER

2cos o. cos B= cos (a+B) + cos (a— B)
&3

cos & cos 2% cos 3x

3 (cos z cos 3+ cos?3x)

_1

=3 (1+ cos 22+ cos 4z + cos 6x)

@ RRAHE(P.F. Verhulst)1804—1849 i S % /R A
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J—— T+ sm2x+—sm4m+——sm6m)+0

_A[y, 2—cosz}J/2_1, ,
= 4[1n“2+cosx]o —-Zln3—0.2747.

x dx
N =

(“ )d“ 1
S v e s

=a/22—z—2 2+—ln(2w 14222 —5—2)+C0=

=\/a:2—a:—2+?ar cosh 2‘”3“1+0. (28§38

6
48, J=[—2 s
cosw+sinx
7 1 = - .
g A 5V 2 RERGBIE %, F4 e+ =u, FEM cosz+sinz =
=2 sinu A
1/ e 1 (@ N,
7= —\/_Ssmu=-2— 2llltg§+0=5\/21ntg(_2-+§)+o'
(BRH$1CH.)
49. sz‘L:?
sinx—tgx
7y & 2 . 9 5
ﬁ.*: %tg§=y, Al do =y dy,sin o= 30, tga=gos, TR
1 1 1 1.1 11
+2 lny+0—4ctg22x+21ntg2x+(}
% ~
50, J= j sin 2
3+smx
]
: d(cosz) 1 z 1
- — cos T 1
ﬁi@: J= 04— d—cos?x & _J.(2 ocs 2+coqm)d(cosm)
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