


R &

RESRHNEEARELS E
EREETE i

W R A A TR
LKk wE -

i no/16

[ (591945

. -

# g K @

1991




hE M N

ABRAGSEHBENAREASE —. HABRNBRALS WA
2R RTARGEN—EE CRRKTRE XA REERRONAKESS

¥.

ABREANANE R BHBAM TROERSR, gEgatel £
([, 85, & bl X R, Radon-Nikodym 53, K882 N2, AR & E
B, BRFERh LRRER, T BRI NS RS, URERERIE
EBHNHRERNA. ABFRHERAR, DENNEARFOREERINE
R AR RRIRIRA,

- ABTEAESRERE SEMSLNEFR L, WENEERE TR
NZ ERHY IFSNARESVONEARTRERAARNEESR .

RESBURFERHELS
igae 3 U180

R R
ERE KK
RitwE FH=

HE &R
ALK AR MILSS 16 8
SSERE 100707

& @4 5L 7 8§ R |
FEEELRRAFRT  AHFESEEN
« ¥

1991 SFOAM — IR FER 1 787% 1092 1/32
1991 i 9 AW —x A1 ek s 11 3/8
Nk : 0001—2 009 s#% 1 255 000

ISBN 7--03—002405—2/TP - 177
% 4. 11.80 3

T Tl bt o e

EE



R SRHHEN B

EBRELAR

k&S HRT

cih
Jo
P
4o 2g
2
e B

A4

% 9




Fr £

. RESBWNENEREASEREIREE. —FEY
M B OB S R BBUES 3 DL A o BT T R A9 28 B e 1)
&, BN ENIR, RESBHNERSTIETH; B
—HH, AL SBHNENFEESNRRRE S S ROFR
HE, HROIESRSMENRBEREDR S SR
HSEAYE, XEFRABERHNT —R5EROXHFRY
A, RYIMBRESEHMENTIARDEMBRZH
ARESBHNEEERENECRREROBCE. RERNY
i, FERNGRABLETRT]T R RABEE RN AR
FHROWFRNSB, TURRESBHBMEAGRE TR %
B BEERALE 10 SERFINWANTENRERIEREEL
B 1,

BTFLRNERRRBOBERESD, RO ARY
HARBRBERIH, RAESBHNEEL 0 EBRETS
AR, BAREE TR AME, & S0 ERBHE
RERETENRRAS, KESASKETHAEANRS
I, mESRNRES BHIREOTES, REUESH. 3G,
ZH, MO LASHEOERERSIH, MAEELRAE
HRBCRBILA RS RINSRENE, ERREFEOH
M, B BEOE EABCEE AR, XA ER A H
AHARBREN, BLELRANRE, MEEHRBRNL
R BB TRIURBHBY WD HESEREREXSS M
HNBE TR, EATESRARSEHMNFLSNEKNE S

o il e




5 24 N R .

60 SEARER T SR MBS A IS, ARRBONE b,
BB RDHEE, HEANIEXRERSREZHEES
MR, B7E 20 BENRBER, BEREE5TE
WA ERETEZNS S, RO EER RS
MENEREEOMESE ISTEGRE THSARENR
I, R EMD R LIRS HE R, iR EH
FHL. ZHRARFIEFEBITHNE. BXLERERI, B
REEN R EFER SN AN SR > HEELHHFE, DL
BEARBZSRIMFNRR, SHELFEDHLHBEETER

 ERRERREWMRANEREATETEXOER. %7

FOERNTEREHFNRLSBHNENER X AFE
BERMEI, £RABIEERERRIOH %R R MRS
Mot KBRS S R, T AT T | R
AR"  XBHTESRESE SN AMNEY AEEEEHR
WBEHERTIRMEAR S, Kb, BB RESBHA
BARBEABIHRERRR T —H+2 BINBE, &
MR R TR R BT,

%7 FAEA M SEEAERE F 0, ik R ERM
HEEW S HETAOEETTHRAE, LRI
RIS A RSB Bt i, RITBIE T — B, B4 A& 4548
BAGSH BFRMTERYEERXOEE ST, RIVAZK
REHCE T DUR IR /DI T 3R E B R &,

%R E BB S MR T A HEL BB QTS H0% % 5,
HhRSHAKMBEME, KRGS AN BHEAR
ARELTIHEZRATE, UNERENER, XbTA%k
SEENERAS N B SR M B R, TR %
BRI . H% SR M SRR, XN RAL S 56

e IV =



FEERYABEANRGRANRALHNBNTE, Hik

RMBEAN DX ESRAFRT RN, | '
HTXE—IHEZAEBTIE, ROIPOKESER 2

R AY IERIR 28 5, Rl VOB ™ KiEH #EIFEIE.

“R 5B FERKF A BEE
1990 5£9 A6 H




L E]

RIER B REHIR,“HEREH", FINBH"UR
“BEHLE S S E VIR B, e R T U THA:

(1) Bt (martingale) KFEBERAES MMM
iIE B ch AR 5 |

(2) JLP_ B & TR 2E REHL B 78 BE 38 ) 3 2k R 3 47
==1: 50742 | -

(3) iSRG THRE B BE T IOEHE S i, B
B A8 22 vh O R PR S BT R AR BERLRE S b D AR PR S 2 5

(4) ZEREHLESEIE > h A BIRBEHLI S 7 BRI S
AR,

B TRA ML, R kAR h i MRS,
B S R AT R,

Yt , RATEBGFIR T“RE R "FLL Liptser 71 Shirya-
yev BT AHMAORE, HERHRBEE, 2E Ry A
B, TR IR A B SRR ML, %S Liptser R Shi-
ryayev (UISTERT B H R, H, RIS —AR H
BT R, BB SIS F RO, T&, RIS
BETXAS,HZE 1986 £ 251991 4E IR A B0 B S B JE L),
B 1987 £ 1990 FNHRAERBHER, KETHEER
RIBCERR, FAERR, LD ERERIRE B R R
R, BB SHIRENSERERERIR T, M EERy
EEhBATE R TR A 8008 &L, & EGEM > b
BB, |

o vil o




-~

ABLEREAFETIOHANE: () UELER: (i)
WS (i) AR S REENES SRS (v) il
FEREDLSSOR S ) ZE B E R rh U 3L 2 R A,

LFRBRINA, EFHR N AEBERE: () HHLER
" RSB TR, R R KT (i) At AR IE
0 BE 0 5 R 1> SRR R, TR MR S R B 2

 RIMWEIER: BRIH R LRE DB R A RE LRk
PREL, AR, FARIKERITERTER R TR DA AL
A B SEEHLES HE. MR RIS REFEE, B4 ()
FENEY S TERBEERANE  BREXRIANEEE;
(i) REMER, ¥ SHERERDREEBERA, BHik, MR
BT, ST B R WIESIT.

EAE S ERRNE S TR R E SRR SRR
MEARR, MECEEFRAMKRBEONE. 5RO
4 SRR R, EREREE SN T B, MR RIS E A
M4 TRl OSER R, MEERORAE, HF
S, T LLSY Bo R, (4 BT R,

YR, BIEE DI T — SR R SRR IR T R R
REEE R BE, HRITINGX IR —Fhis,

KBRGE HE 5 HE RS ERES R 5 4 5
B> 1 TR ARG X% AU 54 hAE B PR A, G R
ROVEEBBFE B ARG ToHHE a0 EIR , i RBEERD
RN ERPEREICEFEROER T, RAT — 5
X ERWRA 0 e aohE, HRITEE, SRLERS
A DE LB OPTAd & ST OE & )

A BERMR RS EET HYROEE, SREELRE
BRI, WAREFUE ROEANE, EETABEER
BRA—ARIE AEXHE,RIOIEBENHSWRES X,

. v‘ii .



BT E RO FRBY RFETER, KBEAEORE
MG E O RRERGEEE S TRE, o, ENERY
T RASE VAT TR B, B R S EEAE, Tl ¥ i
A —— B R RER T, RN E, RITEENHE
it £ RS, B S S A, DB B0 4, X R
BRIERENN . AR S MmN T —E— BB B h AR,
BERSHIE A RN, R AR B SE R LT L8
I S B L R BRI, RIS SRENLNA T B E
RITE B 4E T RAL R B S BB B AR,
RNOATHS I FHRFEARGRA, IR RERRL
MRABS. ABNRE—ELINARERGERR, AE
REESHI T AR, LR BEALON S TR BB AR
AR R B ORI, BB s B CH“ * i) Tk o
SN:S

EABHRELRT, ROBH T FEANKX OB
BHEZHEARNBHRTES BN, HESEFRTTHRN
e IR B B T R 8 R0 O, B T B
FIIRA.ME RERA BT AT A BE= SN BN,
HHGHELRBHT ARVBERRL; HETHEEHR
MIRG TR R H TR BT H I AR B AS
RIEFE R T A RMBL KB e AW IEERE T4 S,
fE it — B,

 BEARER, ARZL, WL RE HIVHE,
LA




3

By

W—TE B IERE- - -ooovereererermeniisersaenane 1
Ll BESBEAGEE orereeivemrrnremesmsreniersensenn 1
1.2 BfFUDRIBR --- ceorvrerromremminiiiiiiiiiiiiiieneaeeen. 10
1.3 ﬂ!ﬁ ................................................... 23
L4 FHAY cocrvereerecimcraniiceiciaiicieeaiienneiioniinsane 29
1.5 T:]ﬁ:\i[gﬁ ............................................ 4?2
1.6 L, 28] Banach ZS[H] -ereerercroreseccecncens 53
1.7 BFBIGETER v veveeremmrnrenmensiirerneesssnsnnnes 66
1.8 BHBERJAIME - creeecerrecmeneriiiinini s, 81
1.9% FUBERYIERR corereevenrrerrerersrosnersrssinnsiionnens 102
110 FRFRBUEE c-vovvevvrerereniomcaccrcierirsasimcncnnnnse 112
B8 RIS ttitsnan e 123

WMo BREPBIEFoeermeercicriinene 125
2.1 B THBE S - vererrerecieiiiitie e, 126
2.2 DHAEBSEIERBL - cvrrerrorrmensorenmrnnncnn 134
23 FHULABES A ESRFEVIE -orvreemrreeee 146
24 ZEHEHEE —BRIBIE o cccreernrnnnaan. . 151
2.5 ERL. R R e, 169
26 P55 LBIRIRER -+ cocrerrmrernrnienieeenninn, . 181
2.7 BRAUUCEETE - -vorerrmiiciiiiieiiercennsen, 188
28 LY LBMFERTIOBSET oo roveeereeer 201

°Xje




s Xii o

2.9 EBRBIBIATHR o covereeeriereiiiiitiiiniiiniienes 210
210 BEEOERIEERR e 216
2.11%¥ ZELENRIERETARE oo 221
2.12% BARUEETI R EHERR oooeeereeereerennennnaeeees 227
2.13* BRAEET UL SSETR  orerrrreeeeneerienenaee 235
BE I JEITIRD .ee 239
=% MRS SHILMYFTIENE e 241
3.1 BEVLT 2RO A RS -oreeeeerraresieenniaaan 243
3.2 fﬁﬁﬁﬁﬁl‘%?ﬁﬂfiﬁﬁ .............................. 246
3.3 MrEEEBEOBEHLAELLY coeeeermrierie 251
3.4 BRIGEEC R BEIBEPLIRS -oreeeeereeee- .es 259
35 RMAERBHEOTHTEEFS e ver 266
3.6 (REEREAIATR ceerreereeriien e 270
3.7 BEULESAY RRHGRRLE ceeeeeeecreeneennnees PRI 278
3.8 BENLMS HRBGEE S o 285
3.9 MRTRRADEEME oo 292
-~ 1 1 R T O PP PP P PP PP PP PP YTPPYRYPFIPRYRR 294
WHE WSS HESNBCPNRESE 296
4.1 B SCEHBEREY RGN oorerreeee . 297
42 JLP kBRI B BRI RIR OB R - 307
4.3 Bﬁmﬁm@;ﬁm;ﬂ@ .................................. 314

44 ESEMERGHERRET —FRR S-HHE
- AR TR R R P R P Y YT P PRSP R PP EEEERIPPRYRRPATY 320
75 - SRR T TR PET TR RTCE PRSP T TET AR wreeeeas ST Y 341
A. IS HEMEEZZ[A] corerrrerrerercecersentnicieiiiiies., 341
B. MEERHE S corveverrrrtrisantiinnncnneniieiniien. vei 344
E L3 4 GO e P LT PP LT PRI T TP PYT PITPIPIYS: ses 349



BB—W MWE LR

- BB UARERMERM L. WERHOERMR
2, M BRSY & T Sk & 2 BE 38 R iR ch O BE R 30 37
2R RPHIRgRR. EEANERNEABSSTE,X
FHNMERBEIAMBRBRARE, KLk, AHAER,H
ZERERRHELERTTRRACRRN., AFAER,
ZERBAAMBIREREN, Bt MNRERBRORHEE,E
FIIEARRR AT, E S NE RSB,

A, RIINMATHREUE. R RRAE K
RO FERMS, HEEMBSXARELREER, &5
5IAT"XMES Radon-Nikodym EH, X TFEHZEIFEMK
5B H T IHEER,

X7 U YRR B X LR MR R R HE B,

u'%S%%ﬁ%

BE A97A422d9mB, EHEXAE, LM
%!TFR%;%%*K.F&M& De Morgan i#o

 OER-ARENRE L REHANEARLS, RS
RES, REH—EHRARNBK, ARBOMEKHE
TR, Bl |
(1) 8T8 6 MEAR—ME, SIEREN—ITE.
() » REBHRFHORAR—E, SMERER




—TTE,
(3) & y(@®, «() SRR HARRZENHE. B
A&
y(&) +ayy(e— 1)+ - + a,y(s — n)

- b u(t — 1)+ <« + bpu(z — m)
FRAERERMAR—NE, XEAANRYEE (a,---,
By Brsteey b-)s ﬂﬁzxﬁﬁg%&ﬁ@. ﬁ—“éﬂfnﬁfﬁ'ﬁrﬁl
RORE R B TR, |

BEEPH,RIVAXEFE 4, B, C,- - HERRE,
MRBANG— T TEBRBRBAI—I TR, Uk4RE
BIF58,HicfE
ACB ®, BDA
REBEEAH A BEY,
A, &k OREARFERNE NELEKBRABNOE; R
REETHHE, T4
NCQ, QCR
aicfE
NCQCR
AEEMTENRRASE, HHOHR. BRNAES
BEREEMENTFE, IMEM 4, QCA,
FEFZRESh, RIITEENEFEERIAEENT
%, HEBhHENSBTEAROEIRGZHE,IEE 0,
TERIEE o,
EX LLY &4, BRRIME, HAS BFETES
HE—BFBRNE,RHA45 BORMEERHER), KRV

=®3,i2E
AUB = {w|lw €A 5 o€ B}

HAS BRFHALTEFTHROBE R HAE BN X
5%, miRAZ,EE 4N B, RO



ANB={w|lwéAd H vwé€B}={w:wcAd H we B}
ERFRAR, 0 RRTE, TBRE SN T TENBRYE
#,

BSPUAT U R RN R R, i’
{A,|1e T}
RATRA—ER, K ¢ B, TELMIRETHEL,
B—4) AGeT) WFETRAHE—RFBROR, ¥0
RARONEIEE | 4, B

14T

U A == {wlw ELDE:EF'JE—’I‘ Ayt € T}

r€T

HEANBETENR 40e¢T) NFRETEKARNE, K
HXEBHREE,1EE [ 4,, B

rEeT

ﬂ A= {v]|oe€ {4:9 XA lﬁ‘]ﬂ‘fﬁiﬁ}

teT

MRT=N(HREE), MERNVEKEZSJIRATFRES
a7 3z,
HE B4, %B‘Jﬂlﬁﬁmﬁﬁﬁ??ﬂﬁlﬁ
(1) ANBcCc A, ANBCB; -
(2) ACAUB, BC AU B;
(3) AUS =4, AUQ = Q;
(4) ANS =8, ANG = 4;
(5) S| AUA—= A4, ANA=4;
(6) XHtk: AUB=BUA, ANB = BN A4;
(7) SRea
AN(BUC) = (ANBYU(ANC)
AU(BNC) = (AUBYN(A4UC)
(8) Wik



AU(ANBY=A
o AN(AUB) = A
(9) #er
AU(BUC) = (4UBYUC
AN(BNC) = (AN B)NC
'Y 112 FoR—=BH, A0, Moh RKEBRT AW
A TR BB E RN 4 bR (FBRRD),ic/E 47, B
A={w|luecQ B w&A}
HhEBHERE AR
(1) Eipdt: AUA = Q, ANA' =9, 9 =0,0=
S
() Hamr (4) = 4;
(3) ACB WRERERE 4 DB,
EEREEPLBERANBREZHERZRNEXR RN
EEFE, K% De Morgan 2. HARWMT:
- %EH L11 (De Morgan ) i& 4, B RH/&,N
(1) (4UB) = A'NB;
(2) (4NB)Y = A'JB',
WM () 0oc(AUB)Y = uwsdUB<>w &4 H
_ w&B<=>weAd H weB<>wecANB
(AUB)Y = A'NB |
() w€e(ANBY = ANB<>w s AR 0 KB
w€A B weB<>wecd B
Bl
(ANB) =~ A UB _
Al i Q= {1s2’3s4}s A= {1’3}sB - {2’4}s ik
De Morgan FH, .

« & o



B EX (AUB) = ({1, 3}U{2,4}) = 8
A ={2,4}, B = {1,3}
¢
AUB =0, ANB =®
Rt RIA
(AB) = Q = Q9 =A4ANB
(ANBY = &' =0 =AUB
#a35 1.1.1 (De Morgan 5E42) i {4} %-ﬁ‘?ﬁ%, i

(U A..)'—'O A, - (L1.1a)

,_ (ﬂ Aa)'— U 4. (1.1.1b)

MR (1.112) 1 (L.1.1b) B[ DL B, $AIH 532 2 WA TER
BRR W ZAE TR X2 NE T2

BXLLS 3 A4, 405 4, - REER—FIR. B
FERBATEREMENIH T ELEAR—E, b
Aiy Aiseoos Ayye o B EFREE,IEE lim sup 4, B fim4,, B

limsup 4, = {wlo BTERED 4,)

% m, Ay = A4, A,= B, ”21"72""’ ﬁBZ\AqJH‘{J
ﬁiﬁ?%gﬁgﬁ\ Ap k=12n—1, n=1, Zs't'°; B Ep
H’gfﬁﬁﬁﬁ:%pﬁgﬁ\ Au k=2n, n=1,2,---

A ﬁmsup A, = AU B

EX LL4 % 4,4, 4,, - REE—TIE,BEE
REARZINTHE 4, %%ﬁﬁﬁﬁﬁ#m%?ﬁﬁk*’f‘%,
XX —HFIH T PR, 124E Lim inf 4, B hm/! B

imin{ A, ==

e e e—— 3 R R Fre s 2w Y b R 08 LG TP W OGN T A



