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BRI 48 AR BR | % 452

1.1 A% §#

7B E A AR ARBR B BE S AR SR AP BT, B S RE R R . i . O— 4T
EHERNMRRENE LRMA A7 QBEABEBRBAFE? Oft A REELE—TRRE R
WBR? Dft ABHERBIEPMRIRE R— MR R? XRREREHOARNMKNE, BXH##E
R RN E, S8 R REMERANRAERHE . HHO @M/, X T 2 A# % FR A9
WNGEEEMNEBEER ;OO @M LA/ B9 A ; T O W & 55 K2k 69 S Bl =] 2
—REWF? BEAIR? RBETRH?

ANEREFEAR  RNENF - LEENDETE  IETEAN AT UE2RBHFE¥
B o 6 A, 0 UE A 72 P B IE B B B (B 1-34) 5 B9 38 ATHE T B B 4% 36 [A) RBLB SE B P, B0 R
MEERE” (AT B EE) BB E(L1.3.39).

AREANAREBBRITEQ 3.1 HEE T HRTHTBERROTTE), HIEE 2 EHEL
BEMNBRIMEREAEF BT .

M JE (1987 FRBA)BEZ X B BHOEERE, ¥ HOBRKKEMN D EZRR(19
G) AR R B P E B N (14 50) 3% bk 5 (14 53) , 8 R E (8 4 , B il A 5t JeaE v N
(6 4), K5 /NHIBr (3 7). ARABFBEHARKEZMFHANTA .

1.2 kARt Lz AR

1. BB RRERTEZE (RSB REFZHRFNIEL, TR)

WA REIETSES DCRED B RE—DXMNBN fra—>y=f(x),YxE D, f 5
y=f(z)kA D EW—1TEE . DRI FHEXI, F(D)=1{yly=f(z),xEDIHKRF f BWE
B RN BT BRI R

F:ODHEfHRARKNREER . FREHEE, Y ENLARHNZE X (D) S A A
W(AHHE . Qb EA FAN EEBZHEERER ,BIVED, f()BRE—-NTE. FHEHE
¥ f()R—NTMEZESE .

2. AEWERE. REK . AREENTEYE

wy=f(x),2€D.

() ERHEMIM>S0, B VL€ ICD #A [f(2) [ SM(H f(2)<M &K f(2)=
-M) M ()T EAER(BAE ELRALATR). ARENILMEXE: v= (o) WETEE



4 - $1% sFu3

MHEZL y=M 5y=-MZJi .

Q) BEME MV 2,2, € ICD #E 2, < 2,2 ()< (B >H=H) £(x,), MR
fQx)TE T EBRyEE I (B, Sk 8w, SAE P& 3 hn ) . £ () B3 fn (Zm 2 ) i L
fAIEXRE y=f()WE A (A T) e .

(3) A - M ITH#0,E/VED A (2 £ T)=f(2), MK f(2)RBLL T REALH
R . HILEXE y=f(2)WEE - FEREE I TIREEE .

E: Of(2) W RANERBMEHRAAEAS T. 40 sine 7 cosx 8§ T=2n,tanz, cotr ¥ T=r.
Qi TEf(z)HAH N T/lalZ flax+b)HAH O T, B fi(z)WAH(i=1,2,-,
n), W T, ARANAEEEZH f((2)EW R BREAFAERYBIRY AL .

(4) FEH. VY 2ED #E (- 2)=— f(x)(RK f(—x)=f(2)), M f(x)REF (K
) R % . MWLM E3F, 35 (B8 ) BB y = f (o) B9 SC T IR A (3 y 8D XTFR .

E:OTAUHE f(—2)-[FTAIRFTAOXRAHFTE O AFTEI RNV TN EH .
HrH=F,BE=H,F(F0O+B(F0)=FFEB/B(HNLA1-35),FX - HF=18,1 x
THE=fB,FX-B=%.

BI1-1 HIKE f(x)=cos THEIUEXIMD b, 7 FA BB LTI
®: (1) B z,=Qan+m) €D Mlim f(x,) = lim (2nm+ =) (~1) = FLL f(2) %
D EXF (ER, B 2,€ D, flim f(x,) = o RIEW f(2)% D LERWERITE).

(2) BH f((n2) ") = f(2n+ (n/2)) ") =0, f((2r) ') =2n, FTLL f(2)REIH .
(3) EAME f(2)=0 WA :Qknt (n/2)) ", REZEBE R, T f(2)REEAEE .
4) BA f(—2)=—f(2),BTLL f(x)BEH R .

E WENIUTAER BN ERMER . FAENILA/ANEIRW g(2) BREN 189

A A A A A A A A

BRENBRH I £(x) = h(2)g(2)5 g(x) B3N CED A XA BB A0 O 1) BUAARIFD 7T y =
£ h(2)R () MIRIBIRIL AL, f(2) = Tcos 215 cos —MIRH (x MFEIE 0, 53

SRR B RIRMA Y y= = Lo~ KRR FTLL 4 MHRRBRE .

3. REHY

WMy=f(z), z€EDSx=Ff "(y), yEF(D),MF y=Ff "(2),z€ fF(D)K y=f(z),
zEDKRER . HIUTE,y=f(2) 5 z=Ff " (»AE,y=f(2)(Bl z=f Ny E y=
fFHU)RTF 2=y WMHRAYT « iy HERR).

FE: (D) FEARE —FEHFAE. M—AERR, BEHERACHERARA LA A RER B .

Q) HRBEEMEX T2 . Om y=f(2)BE 2=9(y), TKE f (2)=9¢(z).
4- 27, 0<z<2, 2z +1, 0<2<1,
(2/2)+8, 2< z<d; D y"{zf, 1€ 58,
%1 (a) y={m’ OSxsb ) mte

2(x—8), 9< »<10.

QO — I EBHFENESH—mBE S —met , T A ERERNFTS . i y=sinx, 2 €

[-n/2,n/2]=x =arcsiny.

Q) BEREH ' HFER ALK f(f(2)=2,2€D;f(f (y))=y, yE f(D).

SR K%L (a) y =




F1F R MR ELE 5 -

4 e =, £>0; arccos(cosz) =z, x€[0,n].

4. SEEE
HWEXBAYRETIES, D ESES L E SR FL N I S & EFR R 5 B R

% .
5. EEEHN
My=f(u), u€Ds; u=¢g(x), IEDw,ﬂUy:f(go(x)), x€D={x|xGD¢ﬂ

o(2)ED/ (Y DASH)FRHK f 5o ME GRS .
E: R fp(2) W EXERRMFERM 2€ED,, p(x)ED,.
B, B8 f(2)BEXIEHN(-2,2),K f(V2)WEXE D. %5:D=[0,4).

Inx, x>0, 2, <1,
B2 B =] 7 ={I e ﬁf(g(x))
X , I\O, X ,x

fRiE 1. KNEINE .

{lnx?‘,x2>0,
f(.rz),x<1_ z%, 2°<0,
(¥, z>1 {lnx3, 23>0,
x

2%, 23<0,

Inz?, 22>0 H <1 g 0 H 2<1
nr , ~1,

2, 2’<0H <1 {2 * *

x<<1;

f(g(r))={

=<x°, x=0,

Inz®, 23>0 H =z>1
3 3 Inz®, z>1.
z°, <0 H x>1

fRiE2: HSEANE .

Inx?, <1 H g(x)>0,
Ing(x), g(z)>0 Inz®, z>1 H g(z)>0,
g(z), g(2)<0 |22, 2<1 A g(2)<0,

3, z=>1H g(2)<0.
HHg(x)>0 22>0 B z<I(HK >0 H 2>1) © 270 H +<1(FK >0 A z>1) & 740,
Hit g(2)<0 S 2=0. FTLAAIE f(g(x)) MRLFR XX FME 1.

6. BREH

T F(z,y)=0HERNREE y=y(2)WEXIR D SN z—~y=y(2)ME X
H:D={z|Jz,yEF(x,y)=0};y(z)=1{y|F(x,y)=0}.

E:RBETURSERS  BERNELLSEI RO AETAEE(RTHOHNEEL X
EFR . 2>y =0HET — A%ﬁfﬁp’%@%{ y=*tz,2€ER. ET QN FENTH(L Kb
EE)VNBMEL L yi=2 H5y,= ;BT EBABTAELEN LK y3=|z|,y,=— | z].

7 EK?J]%E&E’JEEE&@%’

HEORKEAVMERY:-OFHEH C. OFE 2. QHERE o DX A K

log,x . ® = ff B sinx ,cosx ,tanx , cotx ,secx ,cscx . ® R = B arcsina ,arccosz ,arctanx ,

arccotx . X 2 iR B BT 2 I 45 6 5 S A 0bE , oM R BP0

flg(x))=



<6 - 1B BFHF

T BRI RO, N PR X 46 oR BUAE L 3k Y I X (8] #4) i s Ak B B el AR BR{E (A BRI AT
EHHXEE). lim}nxz —(ln0*=—-0), lim lnz=+o(In(+00)=+00.)

=0 x>0

HAHER: © «>08,(07)*=0",(+ )= +00;a<OBf,(07)"=+00,(+0)"=0".
@ a>10t,a*"=4+0,a “=0";0<a<1Bf,a"”=0",a "=+,

® a>1hf,log, (+ )= +00,log,0" = — 0;0<a<1 A,log,(+0)= —0,log,0" = + o0,
@ cos( + 0 ) RIFFE,sin( £ o ) RNFFTE .

® arctan( — ) =( —n/2) " ,arctan( + 90 ) = (n/2) ~ ,arccot( — ) =x "~ ,arccot( + ) =0".
8. MERYRHELEN

F 3 AR ) %5 R 502 R Uk O U 5 B R0 A T B F) BR BRI W AF BR R . RIS R BTE A E
9. MENAEMMARHXRANET

Z WL 5-34.

10. BIHRE BEBRBRHE X

}anlf(x)=A BEX:Ve>0,Y x—~0, | f(2)-A|<e.
}ij%f(r):m(iiioo)ﬂgiﬁ(:VM>0,“:’1 =08, | f(2) (B £ f(z))>M.

“Wor (B 2f VRTHIEX:“F6>0,50< [z~ 20| (B £ (x—20))<8 B

“Ms r>oo (B + oo )BITHEN T X>0,Y | 2| (Bt x)>X B

lim f(n)HHY nEN;“Y p—>ocofif,"HEN:“INEN,Y n>N B},

p= o ®¥zl£r%f(x)=A B, # =B f(x)%ﬁk,?ﬁﬂ'lfrffr\f(x)ﬁﬁﬁ}%f(x)KﬁE .
Q“F "D 0" D“+0”, Hlimsine FHE(fEF o, £ w),lirgx3 FHE (M =00, {84

>0

too)limz? FHAEML =00, K= +00, 8+ -). Qlimf(x)=AEY 2>z B, f(x)>

=z,

A A A A

11. #RBR AR
(1) RS DM lim £ () > limg (), W2 08, £(2) > g(2). @M% =—~CIAF,
f(r)<g(r),Dl'Jlli‘nEl]f(x)<Ili4r%g(x).
(2) # Rt 0 lim £ () FE7E % 2~ 008, F(2) B
E: % O X 1.2 % F 10.
12. BYMERR SRR
L f(2y=0)1 lim f(z) == f(zy+0).

T*=x,

lim f(x)

=z

0

E: limf(x)=A & lim f(z)= lim f(z)=A, X ¥ 29,25 TRBHE Yoo, oo,

=X

0

=z, 0

R lim f(x)2=f(+ ).
13. RS MRESANBES
0 lim £ () = 0(aR=0) S f(2) 24 2—>CIRFHIETT I (RK)
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4. TFENMMEFT KX R

(1) ﬁﬂhmf(.r)-—oo Ul'Jhmf( ) =0.
(2) Mlim f(2) =0 % z—=CIBf, £(2) 70, M lim 75 =
R U R O% =0( T =0% ), @ = (g = o ) Fepumirt

@©xa(a#0)=0(a>08f(+to)xXa=+t0,a<O0Bf(to)Xag=Foo);@o X o=
co((to)x(tow)=+00, (o)X (Foo)=-0);Qo+FR=0((Ltx)+HH=
T+ 0);@®(t o)+ (to)=too (to)-(Foo)=t0;QOXHR=0 (W TEH T/
FIHER") .

b A — B A RER s, 2,0 % 0 R RO BFFILASI Koo & o0

Hia<O0#,(-%)xa=+oWsLR:Mlimf(z)= -, lmg(z)=a<0,M
llirré(f(x)g(r))= +oo, Hfth A KM .

15. TH/MER

(1) £ /NFhHRAZERIATLE /MEIEHOXEFER=0").

(@) limf(2)=A & fla) - A ——a o2 z—~CIRH I/ |

FIF(OBEE, FBIMNER(HATREEHE)Z & sinf(x),cosf(x),arctanf (),
arccotf(x),(—1)7").

16. X F/IEILEEE

(1) !Iﬂlimf(x):limg(z)zo,ﬂ'J%limM:O(_ﬁooﬁ1&A¢0)W ()R
=0 0 I*Dg(x)'

£ () RITEBY (BT S R ES D (o0 X% >0, lim 50 = a0 1,
()R g(x)B kLS /N —0).

(2) BRSO FI“~" GEAEAN o M) 195 X 1m% 06 f(x)=o0(g(z))

(z==00); hm%—l S flz)~glz) (x—0).

E: Q)FH f(2),g(2)FREEFAN. 0 27=0(2*) (z—>);sinz =0(1) (z—>0);
V2n+3-Vn~W2-1)Vn(n—>);/1+sinx +/1+tanx ~2(x—>0).

(EMEHRER] W a~p(x—), M liné(af(r))=liné(ﬁf(x)),ﬂ}erml(f(x)/a)=
}ipllj(f(r)/ﬂ)-

E: EMARARATRRE AR ATHREREAEHMHEFR

BRANENES /N 400, 0~sin[J~tan[J~e? - 1~In(1+), X o - 1= -
1~Dlna,(1+[])“-l~aD,1-cosD~%D2. BREMERN f(2),#A f(2)+o(f(x))~
f(x).

B 1.3 SRHR: (1) lim &cen " 1D ) hm1n<1+e21>1n(1+i)

=1 J1ed £ —1-1 e
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(1) EH z>1 8,2V 110, Fill arctan(2¥ © 1 = 1) ~2V © 1 — 1~/ 2 =1 x
In2(HK0O0—0 B, a" - 1~lna).

3 3 1
XEK 218,y 22— 10, FFLIV 1+ 12—1—1=(1+¢312—1)2—1~—J1 =1,

# R = lim ]“13 ““2—21n21*1./1+fl+1 J2 > (21n2).

2
(2) EH x— + colif, >0, L 1n(1+i)~i.
T T x
NEEZ x> + coff,e?* > + oo, HAT 41 In(1+ %) ) EEH A4 2 Ine?”, BT LASH W N %A

In(1+ €**) = ne** + o (lne**) ~ lne?*.

THEEIUEX —4518 :In(1+ €**) — lne?* = In(1 + ;%—I) = o(lne**).

(B o FROBIEH = 0(8) & S0, A LRI QIS 10 () B
18 0 TeUA B MUK B B H BRI B, 0" B0, " = "B ~")
B A = lim () = lim 222 =6.
RHR: In(1+ &)~ B ERE 0, BABH K In(1+ 1)~ CRATS .
17. R PR AY P N iE
lim (£(x) (3% ) g(2))— 22 im f(2) % (% +) limg ().

SHAFE

. ) . g(z)
B 1-1 lgn(f(f) ) A f(z)>0(z—~0)

(lim £()) fm,

FE: YA RTFFILAF MRS, REEF - ANFFE,WNZAFTFE(LL, AR
REAHFER, ZXLTHFE).

RﬁﬂﬁﬁE‘}‘iEﬁE:%}Lr%f(x)ﬁﬁ,xlirgg(x)=Z<Z?1§EH¢,11Lné(f(x) +g(z))=AFE .

HRTRICAN FEAFE=AFE". THARE - TXEEH:O FELAFE=TF

E.Q (FOFE)XAFE=AFE .Q 1+ (FAEEMHEIEx)=AFE .

A BERNTREEEERNAERXR" :(RFEE) + — X = (FFE) ,0X (RFFE).

18. WRIRFERFREAN

R Y x—’ljﬂ’]’,g(x)gf(x)<h(1),E.lijgg(x)=_}Lrgh(x)=A,U!U}Ln&f(1)=A

E Y R ENXL 1.2 ¥ % 10.

Bl 1-4 i‘|’ﬁlim\7a'{+a§+"'+a;',§qﬂ a;>0,1=1,2,,s
#B:iCmaxla,,ar,al =M, BHRO<a<M, UM <Jal+a3++a' <
VM. XA K lim VM" = M, lim V/sM" = lim s+ M = M, B EAJBst = M.

19. RRFEMEAFTRAEN
(1) WRY n—>ooff,z, BIMA EF(HEWAETH), M 2, sk .
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(2) tRY 2=z, B, f(2)BRA TR (REHEA LR, N F(2) WS .
(3) B 2>+, 2y WIEES n>oXfl;z—>— oWMEHE 2>z, £ .
20. BANEERR

limsmx=1, lim(l+i) =e.
0 X T+ x

21. AYEENTER
(D 0 lim f(2) = faxo) , UFR f(2)ER 20(B zo &2, B x0 F)EEE
(ﬁlo‘sﬁoxg)

(2) W f()FEXE T EM B — S AR ESE (H X [ 4R RBERBMESE), WK f(2)FE I
E#EsE .

E: L f(2)ER u0=}ir%¢(r)ﬁ§5¢,zlil¥ljf(¢(x))=f(}i*né]go(r)),ﬂll1‘&|sﬁ%ifuﬁ§‘|

22. R¥E BT R AIEE

(B BT R B S S 30 f (2 ) AE g AEEZE (B lim f(2) = f (o) RBRSL) , UFR 20 Ko f () B [E]

LY
E: Qzo £ f(2) R K, B limf(2) = f(z) FREIRAZHHR: (a) £

(im f(xNAFE (DEL(f(2))FFE . (QELEBFELCTHE . QF MR, AH Y

x> xo(K zg VML, E f(2)BREXHEIRT ,xo & 7 8 &K A FI BT & .

BT R 32K 5 f(20+0)5 f(zo— 0)ERFFLER, 20 FRAE— KB BT 8B, 20 KA
BTREA. R - KEBR P, f(x0+0) = f(x0— 0)#, FR A AT B E] W & ;
flxo+0)7 f(2g—0) Ky, FRABEERBY [A] BT . 7E28 — KRB BT, 8 f(20+0), f(20-0)
EOH - AT KEFR D To 55 Bl (8] B, B W FR A B 35 7 R] B A

23. AR E EELSRBAYER

() WX E e, 6] EESE N f(2)—ERREBRE f(2)E(a,b] EHBKME BN
EENTFRAREZEKNE—E .

Bl1-5 BH f(2)7E(a,b)iELE, B 2,€(a,b),i=1,2,,n,iEHEE € (a,b),

_f(11)+f(1'2)+"'+f(1:,,)
f(&)= " .

gt BRSEXAWE ()W FPHEFUE—ENTFTREZE .
WE: 8 n MESf(x), f(22), 0, f(z,)FERKENHR f(2,), B/MEH f(z,). W
f(11)= nf(nxz)gf(l'l)'*'f(l'z)-f---. +f(1")<nf(n‘r/’)

n

BHNMEER, FE §Ex, G2, ZA=>E€ (a,b),#

_Sf(x) + f(xy) + -+ f(x,)
f&)= : .

BERHER: O% M=gli>)cif(r)} JAR f(2)FEFFIX () ] BB A B fEL.
@é‘\ M:[znixJ{f(l‘)} ,ﬁygﬁfﬁé 126[11,1"]~

=f(z,).




