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2] & 8-1

1. HETHPEAETHEREAE AE X . ERAE.LHFE? H00
5 BT8R AT SRR ) AR

(1) {(x,y)x7#0,y7#0}; (2) (z,y) 1< 2* + y*<4};

(3) (z,y) | y>2%t;

(4) ((z, )22+ (y=1*ZUHN{(z,y) 22+ (y—2)*<4}.

B () EERHE XRE:SFENR BUFEN (2,y)|z2=0 y=0}.

(2) EABIEFE, NEAE,BRERE  FEN (2, y) [1<2? + y* <4},
BRIz, )22+ =11 U{(z,y) 2> + y* =4}.

Q) BARHE KB, ERAE;FEN (2, ) | y=22 L HRE R I(2, )]
y=z*}.
(4) BARAE FRE FENELGAET IR AN (2,y) |22 +(y-1)* =1}
Uiz, y)2®+(y-2)"=4}.

2. BHIERE f(x,y)=2"+y* — zytan %,ﬁf;ﬁ fQix,ty).

B ez, ty)=(tx)* + (ty)* - (t.r)(ty)tan:—;=tz(xz + y? — zytan %)

=t f(x,y).
3. IKIEEE F(x,y)=In z*In y R RXRERK
F(xy,uv)=F(z,u)+F(z,v)+F(y,u)+F(y,v).

iE F(xy,uv)=In(xy) In(uv)=(n xz+In y)(n « +1In v)
=lnzxz*lnhu+lnzlnv+ln y'lnu+lnylnwv
=F(x,u)+F(z,v)+F(y,u)+F(y,v).

4. BFEE f(u,v,w)=u"+w"" " AR f(x+y,z2—y,xy).

B o f(zty,z—y,zy)=(x+y)”+ ()" = (2 +y)” +

e J =



(xy)*.
5. RTFFI& R & sk

2 1 1
1) z=lnly?=22+1)3 2) z= ;
i e = = e
(3) 2=+ x—«/;; (4) z=ln(y—x)+ﬁ:T\/:_1;_y;;
) a=R-P-y -2 % . _(R>r>0);

v z* + 3y + 2=

z
v+ 5

® o) (x,y)]y*-2x+1>0}.

) {((z,y)|lz+3y>0,z—y>0}.

3) {(z,y)]z=0,y=0,2=>y}.

4) {(z,y)|ly—x>0,2=20,z" + y*<1}.

(5) {(z,y,2) | rP<z®+y* + 2<<R*|.

(6) {(z,y,2)|z*+y* — 2220,z + y*#0}.

E AERRZ TR E S, 5R— TR E XL, EE M
2 o Y 251 1) R IR B 8 SUH, R OR /R X e g UIB MR A R4, B8
R & 3.

(6) u = arccos

6. RTFEHR:
: 1=zy ; In(x+e") .
1) (=, yl)-(o nxlt+y ; (2) (:.}}3(11,0) [ o s
(3) lim 2TVEYFTA gy gy
(z,¥)—=(0,0) zy (:.y)-'(0.0)«/xy +1-1
). Tim BRI, 6) lim LTcos(z'+5%)
(xp=2o  y =00 (22 4y )e: N
® () tm =120y

(zp=nz’ +y° 0+1
E AR AL TSR ESEMERER, RRESTREE. N TFE
TR FRBAER P, oW IR, & P, £ % REHE X XA, B0 ) A 7
SRR .
2) lim In(z+e’) _In(1+¢€")
(=0 /724 37 V140
lim 2= m lim —(zy+4)
(z,3)-+(0,0) xy (x,3)=(0, o>xy(2 +v zy+4)

=|n 2.

(3)

« 2



. -1 _ 1
—(z.yl)l-r}}u.o)2+m— 4
F AESRRAE, A GEZ AR AR PR IS B A, 1 SR 8 o 4 B
ATFEBAETE BESBPETENEF BaARBSEEN, X 2R
FREEATEZ—.
. xy . xy(V zy+1+1)
(4) <,.}>‘l‘20.mm_l“u.})‘i‘%o.m (zy+1) -1

= lm (Waxy+t1+1)=2.

(z,y)=(0,0)
(5) Lim SRCEy)_ o oposin(ay), oo,
(z.3)=(2,0) y (z,0)—=(2,00 Iy

F ABAA sin (zy) ~zy ((2,y)>(2,0)) , Y F4L u==zy,%(x,y)
—(2,0)H y#0 8, H u=2y—=>0,H «70,TF£

sin xy _ i sin u =1

(z,»)—=(2,0) XY u—+0 u
. 1-cos (z*+ %) _ .. 1-cos (x> +3?) z*+y°
(6) lim 5= lim e
(2 =0.0) (22 4 y2)e* (=000  (x*+y*) et ¥
1
==,
3 0

B ABA L= cos (22 +y)~ 2 (2 +5)? ((2,5)—(0,0)).
7. iIEBA TR BAFE
; zty, . Izyz
1) (x.yl)l—rf(lo.m.z o (2) (1.})[,30.0)_1:23;2 +(z—y)*
E (1) %(z,y)I0ELK y=kr 88F(0,0)0,F
Tty 4 (1+k)x _1+k
u.,)‘}zo.m —y X T-Rk)z 1-%
BRERME F WEAF WS, HTRBBAFEE.
(2) KB (z,y)>0,0)HFAF IR :y=2,y= —z, 50 FIKERB :

xzyz e
lim 2 2 2=lim_4:19
(z.)=0,00x" y° + (1‘ = y) =0 I
=z

(k5#1).

(x.;vlli—r-f(lg.o)xzyz i (3.; = y)2 - Ll—l?; 14 +4.1:2 - lxl'l-"(} xz +4 -

PP 7 KoR 18 B 1R FRE A [, 88T R AR R A AR AE .
E ABUEAERAGFER RN TER REWEAARMEE, EHL P
HXPIRBERET P, B, (PR RAFAEBERAE HEF R — RO
7 ER/E PIXBEBAT P, B, f(P) R RAFE . X RE ¥ £ 5T & Bk R

3 .

0.




RAE R
8. H¥ z:%i{fﬂ&t%fﬁ]!ﬁ&@?

B XEBMENIEHN D=1{(x,y) |y —2z70} ,H1%& y* -22=0 L& &
PIADWESA HRBEXESALEEENL , BHEHL y* -22=0 L& AN
PR %50 A (] BT L

9. iEBA  lim D __=0.

(2.9)(0,0),/ 22 4 yz
1 2 2
(=" +y%)
xy _ 2 1 ) 7
iE ww’ ﬂ< =P,
\/12 3 yz =T xz m y2 2 y

xy
%ﬁ‘ﬁ 0‘<6,R§~/12+y2<25,

FFEAY e >0, 6 =2¢, M 2% 0<«/x2+y2<85‘j',ﬁﬁ‘L_0{<e

12+y2

. xy
Rz, B (z.,vl;-r-’%o.m [+ 57 0.

10. & F(z,y)=f(z), f(2)TE x, &b&ELE ,EHA :HERE y,ER,F(x,y)
(x50 ) JEELE.

B Po(z0,3) ER R f(2)FE zo ReHEL, LY e>0,386>0,%
|z =z | <OBE,H | f(x) — f(z) | <e. T, P(zx,y) € U(P,,8)B, |z — z, |
<p(P,P)<é,BMAE

|F(x,y) = F(zo,3) | =1 f(x) - f(z,) <€,
Bl F(z,y)TE(xo, v, RLFELE.

2] & 8-2

1. RTFF R EHIRFE
2, 2

(l)z=13y—y31; (2)s=u:vv 5
(3) z=+/In(zy); (4) z=sin(xy) +cos’(zy);
(5) z=Intan %; (6) z=(1+zy)?;
(7) u==z%; (8) u=arctan(x — y)~.
& (1) g—;=312y—y3. 3—;=13-3y21.

4 -



d . 2y, (.2 2y, 9
(Z)a_s—ﬁ(u + 0 )ruv—(u" +v°) au(uv)=2u2'v—(u2+vz)v
a (u‘v)2 g
-1 v
v ul’
2 (4 + 0?) uw— (u? + 02) e (uv)
3_s=3'v u v uv u v av uv =2uv2_(uz+vz)u
v (uv)? 20
1 _u
u o
2 L. 1 1
dxz 2 /In(zy) =¥ 2z v/ In(xy)
dg L, 1 1. ... 3
Iy 2 VIn(zy) ® = 2y+/In(zy)
ad .
(4) £=ycos(xy) +2cos(zy) [ —sin(xy) ]y

= y[cos(zy) —sin(2xy) ],
g—; = zcos(xy) +2cos(xy) [ — sin(zy) ]z

= z[cos(zy) —sin(2xy)].

dz _ x b x 1 2 2x
(5) 5~ =cot —-sec’ —+—=--csc—~,
x y b A y y
= cot — *sec —'(— 2 )= _2xCSCZ_x
J ¥ vy
az_ 2 y—1
(6) 37 (1+xy) ,
a—z=i[eyl"(“ly)]=(1+xy)y[ln(1+xy)+—xy i
dy dy 1+ xy
du_y 21 du_1 2 du_ _y . 2
(7 552" ' By po In =, - oz In x
du _ z(z—y)!
I B T
(8) Ix Thiz=y)
du _ _ z(xz—y)!
T TR

du _(z—y)In(z—y)
Tz 1tlz-9PF

o on [ 1 e, dT, 9T _
2.'&’1‘—21{ E,;ﬁﬂfla—l+g@—0



3. &z:e-(;*'_")’s‘kiﬂi Izg—z+y2 a._z=22.
x y

& Bp =L (3) oL G
y

Jiiv LA .rzgz"'yza—z—Ze (3) = =2=z.

4. 1‘&f(Jr,y)=Jt+(y—1)arcsin\/g,3k folaz,1).

M f(zy=1+-21 . 1 .1
o Ji-z 2 [z 2
y y
fo(z,1)=1.
.1'+y
5@%{ Td 2,45 R MEIAX T « SRR
y=4

fig ﬁﬁ%ﬁﬂ@ﬂﬁl%)‘(,f1(2,4)th%mié%z‘f)ﬁ(ZA,S)&J:B‘J’c)Ji%Xa‘:Fx
BEALER W £(2,4)= xl, ,=1,B0 k=tan a =1, FEMBIf a=%.

6. *Tﬂ&ﬁmiéﬁéﬂ

axay
(1) z=z*+y*' —42%y*;
(2) z=arctan >;
x
(3) z=y"
92
® (1) 3—22413—81312, z—121 -8y,
ax’
dz 3 2
@—43: 8x%y, ay =12y - 827,
e (41 -8xy*)=—16x
dzdy Jy 4 Y-



()%= 1 _ .(_y)=_ y F=z__ 2ay
Iz (> z T+ (B+5)V
x
y 14 (2) = 2+ ey (Y)Y
xT
Iz :i(— : )_ b ry )—y'zy yz—_rz
axay a_y 17+y (12+y2)2 (12+y2)2
a a?
(3) 32=yln y, o5 =y"In’y,
x dx

a—za—f%(y"" ¥)=y"'(1+zln y).

7. % f(z,y,z)=xy" + y2° + 227,

K f.€0,0,1),f.(1,0,2),£.(0,-1,0) & f.(2,0,1).

M BHEf=y"+2x2,f,=22,f.=2x,
f,=2zxy+2*,f, =22
f.=2yz+ 2", f. =2y, fue.=0.

B £..(0,0,1)=2,f,.(1,0,2)=2,£,.(0,-1,0)=0,

forr (2,0,1)=0.
! Pz Pz
8. & z=zxln(xy) , Re——FK——.
dx“dy” dxdy
dz
— +r-2= +
f# s =In(zy) J:Iy =In(xy) +1,
32z: y 1 2z —0
az? zy x'dx’dy ’
Iz _i__l_ Pz :_1
dxdy xy y’axaf ;2-
9. BiE
32y

S d il
iE (1) BA %Z—knze rsin nr, =2 =ne * ‘cos nx,

dz
Fy_3 —kn’t 2_—knlr
—5==—(ne cos nx)=—ne sin nx,
dx dx



y 9y 2o — ke - 3y
v LA a—:k(-ne sin nx) =k —.
dx

/.z + )2+ 22 r’az’ dxz\r r

A7 A 2’ r 32r+32r_r2—xz+r2—y2+rz—zz_2
32 W 3z’ r r 2 r

1. RT3 R B 235 -

()Z Xy y

(2) z=e¥;
(3)z=12+y2:
(4) u=z".

a
() BEH TZ=ye g,—;n—yi;,
Eﬂr‘ldz=3—;d1+g—;dy=(y+%)dx+(x-y;r;)dy.
@) BH 2= - et 2= ek,
Jﬁudz=g—;dz+g§dy=—-xlfe%(ydx—xdy).
(3) @A g_z=;2—+_3;2_ xzx+ yzz(xz:_?)z,)alz,
Iz =y 12y+y2_. z*
Iy zt+y (27T
Efflridz=g—zdx+g—§dy=—(—Iﬁ%y—)m(ydx—xdy).
(4) @ﬁ——y ﬁ_l,%=zx"ln1,g—:=yx"lnx,

BIr LA du=£dx+g—;dy+g—l;dz=yzr’=_ldz+z.r”ln xzdy+ yr*In zd=z.

. 8 -



2. REF z=In(1+2*+3y) Y z2=1,y=2 FH2HM.

2z dz 2y

® B T T

9z | _1 9=\ _2

dx iy 37dylazy 37
B A dzlle—%dx+%dy
3 Rm&z:%g’m—z y=1,Az=0.1,Ay= - 0.2 &M BEML

M

_ytAy vy A N 1

m A —.I‘+A ;,dz— ?A1‘+;Ay

M r=2,y=1,Az=0.1,Ay= —0.2 i,

_1+(-0.2) 1 _
LR Az = R E O AR N 0.119,

X0 dz——l *0. 1+— (-0.2)=-0.125.
4. REB z2=e"Y2r=1,y=1,A2=0.15,Ay=0.1 B2 .
a d Ty Ty
f# dz=é—zA1+£Ay=ye Ax + xe®Ay.
M r=1,y=1,A2=0.15,Ay=0.1 B},

24 dz=e0.15+e0.1=0.25 .

5. HENY (1.02)° + (1.97)° HEMUE.

B R=VvV+y M
«/(x+Ax)3+(y+Ay)3_«/13+y3+Az’§'«v 13+y3+dz

/”—— 3x°Ax +3y° Ay.
2V 2+ y

B x=1,y=2,Az=0.02,Ay= —0.03,7] 1%
3:1:0.02+32°+(—-0.03)
2/1+2°

6. HE1.97)" P A ME(ln 2=0.693).
R =2,
(z+Az)"™ =2 +Az~z"+dz=2"+ y2* 'Az + 2In z*Ay.
B x=2,y=1,Az=-0.03,Ay=0.05,°] 1%
(1.97)"%=~2-0.03+2In2:0.05=1.97+0.069 3~2.039.
1. BB EKERN 2=6m 5 y=8m WEE, NME £ BN S cm T y FW
. 9 .

V.02 + (1.97)°~V/1+2° + =2.95.




2> 10 cm, [RIX AN FETE B9 X F £ B9 AR 6 B 7
B EEHRMAREKRN z=V '+,

. _ 92 dz, _ 1
AZNdZ—ﬂAI+@Ay—JI—ZT;;(IAI+yAy).
XM xr=6,y=8,Az=0.05,Ay=—0.1Hf,
Az~——L (6-0.05-8-0.1)= —0.05,

V6 +8
Bp X AN ETE B3 AR BRI KY 5 cm.
8. RA—AREBEREESR ARNESRNEENRHO.lan, HEH
20 cm, H¥ERH 4 e RAZF /PR T UE .
B EEEMERARN V=xR*H, B % 8% 80 50 55 A T8 2 B A &
ERVEEE AV, M

AVadV=2Y AR +2Y

s 2
= ﬁAR + mAH— 2rRHAR + R°AH.

¥4 R=4,H=20,AR=AH=0.1 k¢
AVA2:3.14+4:20+0.1+3.14-4*+0.1~55.3,
B, AR R MR K R 55.3 em’.
9. REEHAZAEL MNBHEFWEAANKIH A 7201 cm 24 +
0.1 em. B3R F A 1R Bk T8 R d < BE A 9 4 X iR 2.

B EFEALKESNA = My MABKER 2=V 2>+ y°.

N _|2= dz dz dz - 1
|Az|~|dz|— EAx+gAy!< a— IA.ZT|+ a— IAyl Z+ e
X y
1
(zlaz| +ylay)<< (z8,+33,),
5 /12+y2
5
_ 1
8. = (z8, + ¥8,).

% +=7,y=24,5,=0.1,8,=0.1H,
1
7 +24°
Bl BRI KE z MAXTIREAN 0.124 cm.
“10. WA =AFK LA WHAKSTHH 63£0.1 mFM78+0.1 m,iX
PA I MR 60° £ 1°. 3R = T8 T AR AL fOUE , FF SR H 48 X iR 2= FAH X iR 2= .
B E=AENEAKSINN « Mo, ENHEAR 6, N=F/AF 8 EF N
- 10 .

0; = (7-0.1+24:0.1)=0.124.




[u—y

S=—+absin 6,

[

|AS|~|dS| = Aa+—Ab+

’ S as as
ab a0

35.0|

‘ '|Aa|+‘ ‘IAbI+'—’IAO|

lbsm 0| Aal +—asm 8| AL | +—abcos AN

N|r—‘ (8]

<= bsin 65, + 1 —-asin 65, + Labcos 65, ,

2 52
Os =?bsm 05, + 5 2 —-asin 68, + ;abcos 05, .

i a=63,b=78,0—?,8 =0.1,8, = 0.1,8,=%OB=J‘,E#1%EEB%&M

{=%]
S= 7 *63+78"sin —3——2 127.8(m?),
%XTIREN
=1 5043, 1 3.3, | e N
MXTiRE R
0s _ 27.6 _
S 21278 1-30%.
1. FIHSMER BRI AN ENRESTENSBMNEITREZ
.
B Ru=xt+y,0
|Aul=~|du| = %AI+%A3’ =|Az+Ay|<|Az| + |Ay|<9, +9,,
E5

5, =6, +0,,
B ZMNAENREFTENSENENREZM.
12, MRS IES R BENHEMNIRESFTEE FRHMEMREZN; B
AHXT R 22 % TR BR B BRI A X R 2= 2Z 0.
% iﬁu=xy.v=§,'}'lﬂ
[Aul=~|dul = |yAz + zAy|<|yl|lAz| + |z| |Ay|I<|yl|d, + |2]9,,
. 11 .



