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L M FoFHERAETHERIFE AL K. AFRE LHE? 0l
R ENMRAFEBNSEFFATE)MAR.

(1) Ha,v)ix#0,y7#01; (2) i, W<+ ¥ <4,

(3) {(J‘.y)|y>12f:

(4) (o, )+ (y =11 N (e, p) e’ + (y-2)' <4l

RO EERTE XEREFEIR BRI () r=05 y=0].

) EARIEFE, NEAE EFRE FEN (0. )17 + <4,
BRI, I+ =1UN e 7+ =4t

Q) BARAE KB ERAE. SEN (. Y=L AR ) |
y=2"1.

4) HEORHE ARE FENERETF AN IS+ (-1 =1
Uiz, )"+ (y-2)=41.

2. CDHEE f(r,y)=x"+y — rvtan %,L’&;R fleraty).

& f(t‘r,ty):(t.r)z+(zy)2'(t;r)(z\\r)tanﬁ*t (27t 3 —J\vtan;)

=t flx,y).
3. iKiEEE F(r,v)=Inx'Iln y HEXER
F(lxy,uv)=F(xr,u)+ F(x,v)+F(y,u)+ F(y,v).

i Flay,uv)=In(zy) In(ur)=(n o +ln y)(n u +ln )
Smxrlnutlnrlnev+iny'lmnutlnylno
=F(r,u)+F(r.v)+ F(yv.,u)+ F(y,v)}.

4, DR f(u,v,w)=u™ +w "L K f(o+y.0—yv.ory).

Bty x—y,ay)=(x+ )"+ (o) = (et )+

el .



(xy)*.

5. KT & RBKE SR -

_ 2 _ . _ 1 1 )
(1) z=In(y* -2x+1); (2) 2 ¢1+y+¢1—y’
e _ /T
(3) 2=V x—Vy; (4)z—ln(y—x)+m;
(S)uzx/Rz—rz—yz—zz'*' ! 2(R>r>0);

«/12+y2+z2—r

(D) (x,9)]y —2x+1>0}.

2) H(xy, ) |x+y>0,2 - y>0!.

3) {(x,y)2=20,y=0,2 =yl .

(4 {x, ) |y—x>0,2=20,27 + y* < 11.

(5) {{x,y,2) <2+ y"+ 22<<R*}.

(6) {(x,y,2)lx*+y* — 220,27+ y*#0!.

F AERREBITEBHE S, 5K~ TR B E SCEHEEM, AT HH
BERENE R RBNHE L, FRERRXEE XBIESNTE, S
Ft 3K € SCIS, .

(6) u = arccos

6. RTHISHH:
. 1-xy . In(xr +e)
(D (;r.yl)l‘I}‘(lO.l)Iz +y (2) (I.yl)l'ir}l.ﬂ) [ 22+ y? ’
(3) lim 2T gy gy Y
(r.)=(0.0) xry =00/ zy+1 -1
. _ 1, 2
(5) lim Sn (o) (6) lim L-cos(x*y)
(x,y})~(2.0) y (z.v)—~(0.0) (12 + yz )eI y

. 1-xy 1-0_
LS <I.yl>lmo.n)x2+y2w0+1 L.

E FEAIRABTHER B ERAERBR NRRESTERE T
TR RBAER Py SeRR R, 5 P, 263 R & X X8 Py, 2 77 ) L O o
KRR,

. In(xrte)_In(1+€")_

2) (.r.yl)lf(llm Vit 37 V1+0 !

n2.

. 2=V ay+d . 4-(xy+4)
(3) lim —T—=——=lim
(ruy)-=(0,0) xy (I-y)*("-“’xy(Z tv xy+ 4)

« 2 .



xR RN E A REis Hﬁ'fl’]f&[‘ﬁ R TR R E i oy B
DT ABAFTE HES B TERIN . #5 F R Rz B, X 2R R
BREGEAR HIEZ—.

(4) Ty X 1\(» Iv+1+l)

lim

l)-nm/ix+1:1M(x.\>>ult (ay+1) -1

= lim (Vav+Hl+1)=2.
Caoa) =t

(5)  lim sin (2y) _ lim sin (zv)
T -2 Ay Coow) =200 Xy
E AR sin (o) ~ay ()= Q200 WY TL wu=ay, Y(r,y)
=Q,0H yFO8,H u=2v>0,H «70, TR

cx=12=2.

sin .ty _,.  sin u

lim =1.
(roxy=(2.00 Y w0 U
. l*cos(x‘2+vz)7 . 1 — Los(z +v) r +y
(6) lim s— = lim - R O
Crov) = (0.0 ( 1‘2 + vz Yo' ¥ Coov) 200,00 ( r +y ) ot
1
=5 0=0

FOABHARE L -cos (&7 +3v7) ~ %(.1‘2 +y) ((r,v)—>(0,0)).
7. BB T IR AN A

5 3
. xrty . Ty
(1) lim A (2)  lim —_1—)—~—2
(o) =0~ Y Gy = 7 y- + ( T - _\;)

E (D) Ho, »)WHZE v=ke BT OO0, H
i TPy (LR Tk
Cow (00T = % (T-Bx 1-k
BIRE RBEHE b BO1E A B S RO R R A
(2) f&?}(m(.r,_v)*(O,O)BtJﬁﬁﬁﬁ::y:J".y: -, o SR AR BR

4

(k#1).

1 \ . T
llm =lim —=1,
*) (u ot v (. f\;) C -0
4 2
. 1 \ R . r
lim =lim 4/ =lim —— =0.
(.x.\‘ (umz v +(r—\) 0 +41 -0 -+ 4

rﬁﬁﬁiﬁﬁﬂ%ﬂ’ﬁf&ﬁﬁfﬁTﬂ BB RARRA 1E
AR R AR RTR R 7 R P R AR BB R A8 P
?%Iii’ﬁxﬂ%iétﬁ‘: Py B FOP) B BRBRAT 75 (LA 40 55 5 o0 3 R H) — 505 K 1 K
fE R PTG T Py W, £(P) IR RS /776 3 R 15 B 45 7T 06 34 R
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KATEH IR
&&ﬁz=§ggﬁmn%mﬁm7

M OXARBMEXBHRN D=i(x,y) ]y - 2270 ,#i%k vy’ -2 =0 L&
HADMBA BRBAEIBALERAEL HEHL ' -2,.=0 E&HHYN
2R I (8] T 5.

9. i EH  lim Y =9.

ey =(0.0), /2 ¢ yl

1
__(12+y2)
. xy 2 1
ik @%JI ‘Ol<———=— T4 7,
Tty = Vit AR
%ﬁl fy *Ol<€,R§~/1:2+yz<2€,

:zr.+_y2

FTLLY e >0,5 azze,mu50<¢xz+y’<8N,ﬁﬁ‘%‘o‘<e
r Ty

LB lim D __=y.
ﬁi p(,,y)*(OVO) /.I2+y2

10. & F(x,y)=f(x), f(2)E z, L ELE EH - HEE y,€ER.F(x,y)
FE(xy, v, )b ES.

B P(x,,5)€ER,BH f(2)TE z, AELE, FTFLUIVe>0,36>0,4
|z~ 2o | <S BB fx) = flao) | <e. AT, Y P(x,y)€E U(P,, )8, | x - 2,
<p(P,P)<¢,BWMA

| F(x,y) = F(xo,y) | =1 f(x) - f(z)|<5¢,
B F(x,y)TE(x,, v, AL ELE.

2] B 8-2
1. RF7 R BT E
(1) z2=2y-y’ 23 (2)_s:u2u+vv-;
(3) z2=VIn(xy); (4) z=sin(zy) + cos’(zy);
(5) zzlmanf; (6) z=(1+1y)";

XL

(7) u=z%; (8) u=arctan(x — y)*.
az_ 2. _ .3 aZ_ 3 _ 2
ﬁ (1)$—31’ y-y, g—l‘ 3y xX.

4 -



a 1,2y, _ 2 2y, d
(2) ds gl_t(u o) ur = (ut o) E(uv):Zuzv—(u2+ v2)11
du (uv)? ul v’
1w
voowl
) uw - (1 ) ()
i{:‘?_v(u v uv U v a—v uv :2uv2_<uz+vz)u
du (uv)? w'v
.
u 'U2
R DU D DOR
dr 2 /n(zy) =¥~ 2r VIn(zy) '
dr _ 1 1 1 _ 1

Iv 2 VIn(ay) ¥ * 2y VIn(zy)

(4) a—z=ycos(.ry) +2cos(xy) [ —sin{xy)] y

dx
= _y[COS( Iy) - sin(ZIy)] s
% = xcos(xy) + 2cos(xy) [ —sin(ay) ] x

= z[cos(xy) —sin(2.ry)].

3 K : 2

(5) == =cot < - sec e— = Zcse 5,
dr y y oy y y
dz _ 2 T ( 1)_ 2r 2x
3— = COot —*sec — — 7 ]= — —FcCsc —
d) y y
dz

(6) (ﬁ=y2(l +xy) ',

d T _ d yin(l+ av) 3 __ ki Ty
a_y_é.;[e ]-—(1+I‘V) [ln(1+1y)+1+1.y
3 v P > J R
(7) _u:l_r? l’ _E.:if?ln X, ——u-: ——'VT_r=1n €T,
dr = y oz z z
du _2(xr—y)"!
8 _=_——_T'
( )31 1+(x—-y)°
du _ 2(r—y) !
y 1+ (x—-y)™"’
du _(x~-y)'In(z-y)
dz 1+(,r—y)2: ’
. _ Ir N aT dT
2. W] T—Zn\/g.ﬁlﬂi i ??7+g5;—0.

J.



aT 1 1 s
£ By Il=2n RLE
H al 5 L g T
g
aT _ 1 (_1)‘_mﬁ
=2 - | = s
Ig , L\ 8 gVg
g

1, L 2
W z=e ( -“),SRIIE r 3 v 3\222
+ = d 44
i D_E]jj(;_i_lie‘(] DA WL CEE B
ar T y
, d , d (1,1
B 2t 0S4yt 2= (503) =220
drx dy

4. iﬁf(z,y)ZAr+(_v—l)arcsin\/——%,* f.(x,1).

ﬁ Af,(l‘1y):l+ y—l * 1 .l,
NIEES W ES
y y
fi(z,1)=1.
_x Yy
5. fﬁl?/%{z‘ 4 THEAQ45LMPIRS T - BINEARELS?
y=4

B OBRRESEBILEMEY, [, Q)MEMEAES 2,45 EKIWEMNT «
AR, W f‘,.(2.4)=i,r|‘,:2=1,ﬂﬁ k=tan a=1,FREA a=

Fe FPz. 3z
6. ﬁFﬁU@ﬁB@—%,—yfﬁlaIay

x
7

(1) z=x*+3y' -4y,

(2) z=arctan %—

(3) ¥
a* )

B (1) s -8, T 1247 - 8y2,
dx 3dr
32‘ _ 3 _ 2 322 - 2 2
3—y—4y 87y, 7y 12y~ 82",
Fe I y N
Ty 3—};(41 8ry’ )= - 16xy.



7 1 AT y Iz 2xy
()T‘— 7" o2 s S AL e S S Sy
da 1+ l) a ity T (a y)
a
dz 1 1_ 322: _ 22y
Ty O v R 1_2+yzv3v_ (Iz+yz)2'
T
2 :i(_ By ):_(-r2+;yl)—y'2y: v
Jrdy dy\ 22+’ (' +y") (7 +y7)
dz 7 .
(3) ==yl y,>5=y"In'y,
dr 7‘1'

dz _ a-l Iz oo o2
@AJ}’ ,&7‘—.1(1 l)y y
Jzz \

= r + '
32dy (v In y)= (1+zxln y).

7. lﬁf(f,y,z)=~ry + vz’ + 277,
K £.€0,0,1),f,.(1,0,2),f.(0,-1,0) &R f.(2,0,1).
B WA f=y+2xz,f,=22.f.=2x,
fi=2xyt zz,f =2z,
fo=2ve+t i, f.=2y,f.
i LA fi,,,(o,o,l)=2,f;,,:(1,0,2):2,_fw(0, -1,0)=0,

f..(2,0,1)=0.
;
8. 1% 2= xin(xy), :k-—z—&
Geay
aJ
) 3 g—z—=ln(1y)+1'-¥-=ln(1‘y)+l,
x Ty
W Ty Tya:r ay ¥
3z _i_l 2 ____l
drdy ry y'a‘rayf 7
9. KUk

- 3 2
(1) y=e " 'sin nx R =k 23,
dr dr

2y r=val+y +z ﬁfi?‘rar ;;z 2

ay’ r

W

» a *" M a - ”:
iE (1) BHX 3—'7: —kn'e * '%m n.r,a—y—ne bteos nx,

Py
dxr”

2
—kn

- ¢ ! _ 2 ~kn:1 .
=_——(ne cos nr)= —n'e sin nr,
dx



J o2
Fir A —3%2 k(- n’e ™ 'sin nr)=k

dx

Ir _ T T dr_ d(x\_1 «x r _ri-x
(2)[ﬁj]9—1‘_ﬁ_7’§_2f;<7)_7 Set=ln
xty tz
B RO T AR R A X PR, 18
azr:rz_yz azr:rz_zz
ay?. r% ’ azz r:\ 5
Pr Py Fr -2t oy -2
D + — t 5 = + + - ==
MLl S+ S ST - =2

1. RTF R B £85

(1) z=1y+i;
y

(2) z=er;

(3) e=—=ZL—;
T’ +y2

(4) u=1".

B EH TE=y

dx dy A y
az‘_ bt o4 :r! a_Z:_l_ ‘;7
(2) @j‘] 5‘1—_‘* I_fe , y xe )
dz 1

N d
FRLA dz = ﬁd.r + ngdy = - ?e%(ydx - xdy).

- xy

(3)@)@%—: N AP

] = .
Ay T ()T

v I2+y2 —y'——————y

2

3_)’ 12+y2 (12+y2)372’
. dz dz x
= — + = — —
F}fl/l dz axdl‘ aydy W(ydl Idy).
du

. ad R
(4) BRX a—uIyzxy’ vt =
e ay

du

zrln x,=—= yx*In r,
dz -

a d _
Bl du= %da‘ + —dy+ ﬁdz = yzz™ 'dr + 2r”In xdy + yr©In rdz.

dy
. 8 .




2. RBRE e =In(1+ 27 + ¥y Y r=1,v=2 B A 2B

g, dz2 2 dz 2y
ﬁ [}Ej_/{,] 3T 7 gv—‘: 5 RER]
dr 1+ +y 7y 1+ Tty
dz _ 1 d= _ 2
ar "f‘?_ 37dyl ! 3

o 2
FEEL dz | = dda Zdy.

3. KRB - —I‘-é; rE2,v=0LAr=0.1,Av= — 0.2 M S E A £

vtAy v \ 1
= e — = dy = - S Ax + —Awv.
B oo rtAr  x d T A1 RS Ay

BFae=2,y=1,80:=0.1,Ay= - 0.2 ii},

. - 2
e ALt

4
4. KR =" Hor=1,y=1.22:=0. 15,Av=0.1 8Bf I8 .

M de= —1-0.1+%-( ~0.2)=~0.125.

d 7z ‘

B dz= —ZAJ + vAy:ye"‘A.z'+\1‘e”Ay.
Br=1,y=1,Ax=0.15,Ay=0.1 K},

245 dez=e0.15+e°0.1=0.25 ¢.

C5LEV(1.02)T + (1.97) B Ui

M=V 0

V{e+Ar) + (v+Aav) =" +? + Az’\'\ﬁrT:-\? +dzx

31 *Ax +3\/ Av

2Vt

=/ 07+

B r=1,y=2,Ar=0.02,Ay=-0.03,0] &
V0D + (1977 /T2 ¢ 31110:0253:2:020.03) ) o5
2V 1+2°
6. HEL.IN UM MA (N 2=0.693).
B =,
(x+Ax)"" ¥ =0"+Az~r tde =+ art At tln Ay,
Bae=2,y=1,00=-0.03,Av=0.05, 1] {8
(1.97)""=2-0.03+2In2:0.05=1.97 +0.0069 32.039.
CHARKY c=6m5 v=8 m WEF. 0 » B 00S cm ifi v 10
.9 .




/B 10 cm, [A1X A5 T 0 0 £ 28 B9 3 (LR 4L (B A7
B OEENMAKNEKEN 2=V 5+,
J dz 1
%dzZQ—EjAIWLaAyzﬁ(xAI*-yAy).
Y r=6,y=8,Ar=0.05,Ay= —-0.18},
1
Ve +8
Bl X ANEE AT ALK KL 5 om.
B RE-AEAEHAHEAER. ARV ESENEEN ROl eom, NE N
20 e, N¥EEH 4 em. SR A RSN TR B9 OUE .
B RAEEANEBRARY V=xR*'H, BREEESHIIFTERER LR &
B VHME AV,
av

AV==dV = aRAR aHAH 2nRHAR + nR*AH.

Y4 R=4,H=20,AR=AH=0.1H}
AV=22+3.14:4:20+0.1+3.14-4>+0.1255.3,
B, A FMEBRAAR 55.3 cn’.
9. REEACZAE WEBHPEAANKS N A 7£0.1 cm 24 £
0.1 cm. BRF A B3R AT HA D KBERLBITRE.

# iﬁﬁﬁﬁ!ﬁl&)ﬁﬁ%ﬂﬁ My, ﬁlﬂﬁiifl{’:}ﬁﬁ 2=y 2+t

(6:0.05-8-0.1)= —-0.05,

Az=

lAz|~|dz | = iA Ay | + 1+ 3
xr y
1
(rlaxr|+ylayh)< (x8, +38,),
/—xz+y2 >
fE18
8, = (18 +y9,).
Vaity

W r=7,v=24,8,=0.1,5,=0.1H,
1
VT +247

B B RBAKEE « AR EN KR 0.124 em.
10, MB-R=AFXLHHFHEAAKSHH63+0. 1 mMT7820.1 m,iX
PRI AR 60° = 17 3K = A T M AR ME , 3R Xt iR 2 xR .
B ORAEHNFEAKSEN « Mo, ENMEAN G =ZAEHERN
. 10 .

8, = (7-0.1+24+0.1)=0.124.




DI =

as 3S a5
—a-A AI) agAﬁl

[AS|=~1dS| =

d S

‘ ||Aa|+ llAbI ‘ ‘IA@I

bsin 0| Aal +Aasm glab] + abcos 81AE|

- l\))»—‘

< --bsin 05, +%asm as, + éabcos 8%, ,

[\J

44

L psin 65, + L asin 68, + + abcos 69, .

=7 « "7 ()
§a=63’b=78’0 3 ’6 =0. 1, 3[, 0-1»69 18051 ﬁffﬁmﬂﬂ‘h&u
=]
=L .63-78-5in T =2 127.8(m?)
2 St 3 : ’
HITREN
_1 .43, 1. .3, [P U I
HAHRE Y
d 276 _
S 71278 L30%.

1. LM R WEZ RN ANREZTENSAENENRER
.
M Fu=aty, N

a
lAul=~|dul = gﬁAx+
x
#=i8

%Ay =|Ax+ayl<l|az|+|ay|<s, +4,,
5, =8,+0,,
AR HNEMRERESFETENSBNENREZM.
12, FAERAHER KB HEMREETEEFHENREZ M, 6
HXRZE S THEBE B RBERMEMNIREZ .

" ﬁu=1wv:§ﬁﬂ

lAul=~ldul = |yaz + zdy|<Iyllaxl+ |xllayI<|yls, + 214,
TR



