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§1 Weierstrass F—EH

TR RBBEMT R REENREEEEEREE Cla, 0] 5%
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Co e T XAERA LB — 00, + 00) FHILL 2x g P8 B0 2 S 52 SR B 2 1A Bty
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HERITRBARELSPE—FHEAEH.

EHE 1(Weierstrass) W/ f(z)E€Cla,b], LM TFREBELEMN ¢ >0,#07F
EBHR P(x) 15

max |P(x) — f(z)}<e.

2Kz <bh

ETFRANELEE AECAFE N ARBIEE, TE 4 Bernstein HH
Bernstein % : NGB E REME XX ER(a,b]=[0,1]. £ b, @i
T RS .
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BUEEH x MIXIE] 0<<oe<\1 BHAR ¢+ XAl o <:<b.[FB, BTSN, x BB
AW BNt MBI, x FELEREE R : FELRE. ik A FELE R

25 C[0,1]3RiERE Weierstrass 55— EFE AL L.
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AR A B RO 2. AR AR £ () 400, 1] b — Bk b, Fr e —
e, >0, %%
£, (2)<e, v0 (n—>).
it
£(2) = B(2) = 5[ f(@) (%) o s

+ 37 @) () e,
o S5 DA IR R A APk FTBAGRD.

|k —nz|<n34, |k — nx|=n34,

1]

A i(z)= (Z)x"(l-x)"_"-

4 M=max| f(x)|,MERE
| f(x) = Bl{(z)| < Z'ed, 1(z) +2M X2, 4 (z)
<€n+2M2”A,,'k(I),

i BAIAE R riE%R(1.2) 7T
WLk () D) (k= n2)Phy p(2) = mx (1 - )<L

R
St (3)

172
lf(x)—Bﬁ(x)|<€n+%4(%)

FELIIAEANARST « X, M EEE » TR KXMNET 0. Xk
TE2WRFH B ()X T f(x) —BOBesik.

Weierstrass 55— H LR L g o 7 anar ) 2 50 2CH ol A% eR 500 9 B0k
FRELERBHFE. B, EEBRE— N RATRET 0 WEF o, MXEA 6,
HULRI 2K P, ()| P (2) - f(2)]<6,. F-S

Ql(x)zpl(x)a Qn(x)=Pn(I)_Pn_1(.I)', 71>1,



4 BB Weierstrass EHI 5L H FEIL

GEEE E Q, (z) MBI » TZAHAIFS P, (=) MR, AT RSt — B0

W T f(x)

£ Bernstein FIER S, AMGEH TERIEZTAFS P, (2) MFFER, TTE
RAHTHE P, () W—PMEEFE B L, Bl (2)(n=1,2, - ERELR
B F() (OB —MEB T . 0B FIE 8 R Rt 3 1t R e A
FEk, Bt RIEFAFE R I i e F A ME.

§2 Weierstrass 26 . H

FEZEH (AGRELABN 20)MERABETRARENT =A%
WK '

T(x)=A+ D, (aycos kx + bsin kz),
k=1

MREF AR o, b, A2 0,0 T(2)A n IEABTA.

HR T Weierstrass F— 8, AU TH

TETR 2(Weierstrass F_FEE) & f(z)€ Co X EBLAEMN e >0, 5F
ZAZWRN T(x)F1E,HR

_max | f(z) - T(z)I<e. (2.1)

T

XA E AT LA Weierstrass 55— € 3, H i 53 M EPOCRIEH. b H# %
F Vallée-Poussin B-F

Vn[f;I] :2%[(2371 1')'| ] ‘[:r f(t)COSZHt—_zgdt

HRAUERA , HoA
)1 =2n)2n—2)4:2,2n-D!! =2n-1)2n-3)---3-1.
e85, BRE

I= J L=y, - 2[ "L,
BAEDTH v =sin®: 2, 0] BB FARFSH

1 1
I, =2f0(1—v)" dv=2j0v—m(1—v)"-1’2du

1
v o(l—v)
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ZZF(%)F(""L%)ZZK(Z;@—U!!
M(n+1) )1

M T

flz) - Vn[f:x]:%njin [f(z)— f(2)]eos?m _Zxdt.
BHR f(z)€ Co, B f(x) Bk, BISHERAEN ¢ >0,8 >0 F1E, &
BYz - 2"|<6 BT,
| f(z") - f(2)|<er2.
A4 f(z) — V,[f; 2 J5rBFTHS

flz) - Vn[f;x]=—11— J [f(2)— F(2)Jcos?™ -z“tdt

n

g @kt @)
def C+ G,
U C, A G,
CiI<f j | £(2) = £(2) ot S E ds
<5-1=3. (2.3)

. _ -
it M= max | f(x)],g=cos 5 <1,H]

-~ K< 2

Gl<E [ 1A - £ ot SEar
" (-zIzs

<eM- 7S 2m

e 131 .
=M T
<4M-n+g*".
ARBEEAREN,FY n >N
1C, 1 <e2. (2.4)

£240(2.2).(2.3)F(2.4), BIA] HI Weierstrass 55 " E FHALIT .
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§3 LPEIEA TS5 Korovkin EH#

B gz, )M E g, R a<r<b b3 0 A, WA
L(fin)=L(f(0in)= | pla,0f()d=g(z)  (B.1)

MNFG—EXE[a,b] LEEREE F()EHE T —TE g(x)=L(fx).
WAtk L(f;2) 52 RBAELL, Br 21 B &2 T 5HEM & XAF. BEm
T S EE T L (fF; ) BIFEE B S 34083 S R AR .

EX1 REHEHE F,WRMTEF BR8P (), WE—-TK
Bo(x)=H(f(t)sx) GZHP, MRAERRE F LEXTHEFH(f32) =
H(f(¢);x).

EX2 WET H(fx) BREN, MRHEE f(1)5 o) BT ERHFE
B,af(e)+be(2)(HH o 5o RERMEZEOWE TEWAESEBLINT %
K

H(af+bgp;x)=aH(f;2)+b6H(p;x).

Bl1 G DXEXHET L(f;x) REHRH.
HEL, PSR ARE LR T L(f52) R

L(afi+8aix) = | oz, (afi(0)+ ()t

—a ['pla, )it + B p(z,0) fal )l
=aL(f1352) +BL(f252).
EUZ i&ul(x)suZ(I)’"sun(x)ﬂy%)‘(a:%E_tﬂg@ﬁé\

H(f;z)= g ) up (),

B f(e)RESEEE t1,25,,t, FEEXHEE. TLHEREBE T H(f;2) £
LRMERY .
L

H(af+bp;x)= Zj) (af(ta) + bo(ty))up(x)
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=0 S ) umlz)+6 D) ot u(z)
k=1 k=1
=aH(f;z) +6H(gp;x).

EX3 UWRMNTE—EBRE f()R 2€EE,RMBT L(f;x)WREEKME:
L(f;x)=20,M% L(f;2)hE E FHWARETEEF.

BRI TFTE—EEME <, RS T L(f2) SRS B Hilk, g
TR EPE—BEENE e, REZ RBEHEEN, WAKE T L(f;2)EEE
ERIEM. BN, Y u(2)(k=1,2,,n)E E FRHIFREE,BEF

Lum=2ﬂMMﬂ

HEE FHERHERE T XN, (., )NEE FE—EEMNx EXE[a,s]
ERT ¢ LR IERE BT

L(f;z)= qup(x,t)f(t)dt

HEEE FRIEK.

EHEH/UEWE, ELEBEET L(f2)%H, T FHETS 2 FRA,
L(f;2)=L(f(¢);x). EHRATF L(f;z) BER, RITH = BEEHRUER
£ E PAEEHN), BivER

L(f(x);x)=f(x)L(1;x)
AL, X RMT () REER(E ¢ TR).

RERINPEMIREEEREFFI L, (fi2)EXE[a,6] E—BBHFH
B ()R B f(2)Bla, b ] EWESRE, HFEHEBI LM EFR.
WPEZ RBEE —#, RADEIER, F5 L, (fis x)Ela, 6] E—FKRATF
filx) =2 (k=0,1,2)HEFF L,(f; x)—BBAT (=) (R f(x)HREL
T 18 H B 2% 1) .

I 1 HR¥ f()ERE [a,b] FIESE,FEE b WAELE, &R o AA
B, MXt e >0,8 650, FHY|y-2]1<8,a<2x<tb B ERIFER

| f(y)— flz)]<e.

iEl 4 e’=%>0.1ﬁﬁ%ﬁ f(2)ERN a<z<b LR —BESEHEA
LUK A8 8,>0, 84 |y - 21 < 81,0z, y<<b B H R
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| f(y) - fFlx)I<E". (3.2)

HTRH f(2)ER o B (EELRBEN, A 228N 24K of $HE M X
[a,b] FHGEGEERE),TLIN ¢ >0/ 6,>0,#18Y | y—al| <5, B

| f(») - fla)I<¢". (3.3)
FIEA 6;>0,H8% |y — o] <53 Bt
| F() - f(B) <& (3.4)

4B 8 =min{ &y, 8,,831 ,HIEHY |y — x| <8, a<2<b W, H
| f(y)— f(z)]<2¢ =e.

BHELE,F - SyWETFXEa,b], MEEMAEFERHGB.2)HE. & y<a(XH
R x BHRFXEa,6]),Mly-zl=|y—al+|z—al, HEFly-z|<8,
Filhly—al<8,lz—al<s.BAEBZ

| f(3)— () =1 f(y) = fla) + fla) - f(x)]
<I|f(y) - fla) |+ | f(x)— fla)].

KGBI)XAFEREGUE—TUDNTF ¢, K (3. 2)RE /DT ¢, ATfd
| F(y)— flz2)| <26 =€.

WMEEIER Y y<a BFIERE T y> b WA LARFEHIEDS.

BERNABEEERFRFIIR RS .

EIE 3{Korovkin) REMIEH FIFI L, (f;x)HRERM:

(1) L,(15z)=1+a,(x),

(2) L, (t52)=x+B,(z),

(3) L,(t*;2) =22+ 7,(x),
H 0,(2),8.(z), 7.()EX [ a, b ] E—BKRETR; LR F)ER
BEKMa,b) L&, TR b AHESR, TH o HEESE. WEXE[a,b]k
FIIL,(f;x)—BBSTF R f(z).

ER HTRH A(ODAF(—MfF()<M),FUMN— = 5 8L
AEX

—2M<f(t) - f(z)<2M. (3.5)

HK MBI 1,3 T e>08 >0 48, a<<a<<t,|r—z|<sBf, L
AEKX



