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Cauchy MR REOEHWERER 2 —, BB 73 HEN RN — R E
BMERO. R REGERIR T, EA&PHT X e, HAEARZES, PHR Cauchy
E HH Y LA —RTB

§1 REFEHXA Cauchy EHE

1.1 BMERAESEHRENRSY AR K C AR RLEEEERIR. MR
HRIXIE] [a, b] 3 C HEAEMTESE RS 2=~ (1), RS MR R 00 Kk,
WE Yyt yt) oy :fab] - C Bt — ya+b-2t)(E € [a,b]) M
MESHIER v RITEEZ. R v(a) = v(0b), BB () BHMHLK. R v B¥
B, AR v A — . 2R (t) 7E [a,b] EAELERSE, TTE o & b SE
SHAEE N RR RS, R4 v R C KR . IEA (a0 B—0RI

a=gy<a<ax<--<a,=Db,

18 v ZEEXE] [ak, ar1] LA ESRFEL WTE ar B aryr BREBIE R b IY
FHACE LI, BBA v TRADEL O KR (K =0,1,2,--- ,n — 1). EREFHRE
R i 2 S P i S A MU OB ST B

O Blan ERIEMN: BT REE RSB RMEREN . BP 20 HEHH, XWERA S
AJH R. L. Plunkett (Bull. Amer. Math. Soc. 65, 1959) & E. H. Connell and P. Porcelli (Bull.
Amer. Math. Soc. 67, 1961) AN Cauchy &3, i FI#RFM 7 B AE HiE .



©2- $—%F Cauchy TE

W0 CHHITFE v 2 0 NGB C KL, f: 2 - C RESERE
ARA \
[ £z = [ s o (L1)
% a
e f(v(t)y'(t) TE [a,b] EBOESED: | o(t) BX— BRI (0,0 LR RS,
RLME
[ 1@z =40) - v(a) (1.2)
a4
R f7E 2 WARRE F, WTE o(t) = F(y(t). XAIE v £ ¢° K<k, 7
£ (1.2) BAERE . T HEiTie—REER.
EX 1.1 Bi& f RITFE 2(C C) AWM R, 24 f € HQ); & v £
N A—FCO ABER BRABRTI LM —NEGERH ¢ [a,b] - C: SH4EAT
to € [a,bl, BEE [ A (to) B4R A — AR BH F,, RIFE to 84K A,

P(t) = Fio (v(t)),
AL o #RA fBWE y - MNRBE.

EX 12 BRFeHR), yEQ2FP—HFCOLBER v R f& v H—ARE
B, LR (1.2) HARS / f(z)dz #17SL.
Y

ATHHARY 1.1 REX 1.2 BEEN, 722 PR T, ZiE: ¢ #1E;
AKX (1.2) WARR—MAERE; TIEY v BB C' K&, X 1.2 5HiH
R RABRE. T THI 2 BRI 2 ] L.

EFE 11 R feHR), v 22 A—HCOLEE A¥ 2 &2 C PHAE,
AR 4

1° f—REE v HRIBI,

20 AEATEAA XA R JH G E R —IF

3 MNTFToBRC EWE 4, 2K (1.1) LA I.

iE 3 C0 KM v ab] - 25 2 BRENEEERE ¢ > 0. H1TF 10
£ [a,b] E—3EELE, 390 > 0, 8 vt K t' € [a,b], THE |t —¢/| < n, BAT
B y@t) —v(t) < e 1E [a,0] B—P3R a = a0 < a1 < - < an = b,

aky1 —ax <nk=0,1,2,--- ,n—1). &

Dy, = {z||z — v(ax)| < €},

O N TR / f(2)dz TE0E, R v BRATRKHER, £y — C REREN, SEAE 3.
a4

XERLUFR v K f BEEIBE, BA T M7E §1 & §2 THER LERF(E.
@S 3 VR FFEE"; A5 VIR SHET.




§1 REEERXH Cauchy EHE .3,

il
Dk C Qa 7([akaa’k+l]) C Dk-
B f £ Dy, WHYJRBRER Fy, 87 D\ Diy1 W, Fr = Fr1. EXEE ¥ : [a,b] —
CInF: 7 [ak, ax+1] L,
Y(t) = Fe(7(t)),
W B f U v B— RS 1° FBiE.
R AT RN TR, (B LR R R =R — 5, B 2° BoL.

R v RArEE C! RMILR, ARATE v B — O RHZRBL L ¢/ (¢) = F(v(1) (1)
F& (1.2) L. O

KT BRI, AT S, HIERAHE C° MR AHN ML, HEETH &
B 0,1) LA, BIBEBEFH a=0,b=1.

1.2 Bt RIOVEAEZBHELAESTH MBS, i —1 01
e X

EN 1.3 CAHMEMEABHEHEL:
Y%:[0,1] -2 A ~7:[0,1] =2,

R 0 R CFHFE, 1%(0) =7(0),7%(1) =n(1). =RAELFEMA [0,1] x [0,1] £
Q A& (tu)— 0(t,u), EF

J(t, 0) = '70(1;), 6(t1 1) = 'Yl(t)y
8(0,u) = 70(0) =71(0), &(1,u) =(1) =m(),

ARAEATH o & 71 2 (2 W) AARE SRS d A,

Foy By A Q2 AHAEE. wRAEEAFNK [0,1] x [0,1] 2| 2 AeyE L
5 (t,u) = 6(t,u), BAF

(1.3)

6(ts 0) = ’YO(t)’ 6(t’ 1) = 'Yl(t)a

(1.4)
Vu € [0, l]a 6(0’ u') = 6(17u)=

IRAEATH o A £ (2 BE) FACHMBE. HAlk, wREBH 71(t) = o (F
), BMBLIAEE v £ 2 A5 — % o BB,
7 EFSE X, BE u,t - 6(t,u) & 2 WERES v X v AHERARER—&

LR o, ER— B .. EWER, 4 u A 0 ELAZE] 1 B, XARHEMN
o BEGEA B vi; BEHMAANE, B HAR—AH ML



4 ¥ —& Cauchy B

Bl 1.1 By By BITE 0 WAMRNRAKPIZLZ. B
(t,u) = 6(t, u) = (1 —u)y(t) + un(t)

£ [0,1] x [0,1] B 2 WHIZELEMET, FRA v & v BE 2 NEHFNRSKFERE
HHZE.

B 2D {z|[2| <R}0 < R < +00), HA 70 : t — Re®™ J 41 : ¢+ R'e*™(0 <
R < R,t€[0,1)) & 2 WHIEHL. B [0,1] x [0,1] B 2 NAELEBST

(t,u) = 6(t,u) = (uR + (1 — u)R)e*™,

AT yo Be v B 2 WEFEMEEFIHIER. IRTE v FEU R =0, B) v LW, 3R
4 o RS A RIREE L.

AT RMERER, IR dsE R — A~ B E

EX 1.4 RERX D(C C) AMEMHMBLEE D A—&FR®, ARLARE D
g 3% 8 KO

1.3 EERE Cauchy B T HEBHFEMRIERM Cauchy B3, Fo5ld
—ANELA—A5 | B BT EEE X 1.1 FEH 1.1 )

ENX 1.5 & feHQ), £FHE 2 cC. & (t,u) — 5(t,u) M [0,1] x [0,1]
3 0 ESugt. f & Todts HRBH Ot u) £E (0,1 x[0,1] EHRE T &
4435 42 i

Y(to,uo) € [0,1] x [0,1], A& f 4 8(to,u0) BIARBMA M —MNREBK Fy ,,, &£
BEL (to,up) AR EGET S (t,u), RIVA

7#(75, u) = Ftu,uo (6(t5 u))

A R 1.1 AEREAESS LTI, AT LAER T 315 2

B3 1.1 B 1.5 PHRJMLRAL, F BAETHA XA R JHADE —
E

iE BT (0,1 x [0,1] &K, WTHA te BA uy 47508 ¢ & o AKX
[ VE4SRI, #E [0,1) x [0, 1] ZFB/INETE [tr, ter1] X [uj, uj1], FIAFTEH 6 BUTE] 0
FE—A PRI Dy, P FEXFREN, f AR Fy ;.

BE j. ©F Dij; Dty REREMIESIFE, XA Fr; (5 BRE, k ZL)
ATRUAN e —AN R, 1878 Fr; B Figa,j TE Dij ( Dis1,; PIESE. XTEAAR & 2E
X —Z2E, FENT ue [uj,ujp)t € [0,1], BRI—AEE v;(t,u), HENTE
il ke, 24 t € [th, toya] BT,

¥i(t,u) = Fi;(6(¢, u))-



§1 EMERRXE Cauchy BHE .5 -

XA, it u) TEHIE [0,1] x [uj,u;11] BHESE, TR f RTHE §; MR,
XH §; & 6 7E RIAETE ERIRREIC. ik j Ak, B R ¢ BREEZE-NERUMNE
BaER. Xt g 3, AT EE MM, B u =y B, ¢t u) = 41t ).
B P(t,u) BIE [0,1] x [0,1] RINTHENRLE: W TEM LR 7, % u e [u),u41]
B,

¢(t,u) zwj(tyu)y 0<t<s L

WERE S 1.5, ¢(t,u) & f XTBE 6 BIRRE. st R B mE—tk, (w4
BRI R R B2 — 1 H AL O

BEHETER A Cauchy EHEPIFGRM T

EH 1.2 X fcHD), A PDRACT—AIRRK ED HHHE v &y &K
HERAMEBEGRREE, RAZRRIFABE, A4

/ f(2)dz = / £(2)dz. (1.5)
Yo 71
e, REHAHLE v 5 D A—REME, B4
/ f(z)dz=0. (1.6)
Yo
M FFER R 1.4 A7 EPHEH:
Bt 1.1 R feHD), #F D R—EEERERK, AR4st D WA A &
£ 7,
/ f(z)dz=0.
8

EE 1.2 WIE Xy & v AHEFERSKEE, 36 BWERM (1.3) KES
B Wy 2 f XTF o W—NERE, B, 7E =0 K ¢t =18, ¢ BEEK AW

$(0,0) = $(0,1), B(1,0) = %(1,1).

YH
/ F(2)dz = %(1,0) — (0,0), / F(2)dz = $(1, 1) — (0, 1),
Yo Y1

EXFEE T, (1.5) 1BHE.

Moo Koy BEFBRAETE, & o BRHE (14) MESME, v B FRXTH
JERE. TR u—00,u) Xur6(1,u) FRFI—HELEMLE, v(0,u) X v(1L,u) & f
X — i 2R B9 JE e & AT Vu € [0, 1],

P(1,u) —P(0,u) = HEL
OB §; £ LFER LA R, WHAEX—HEE L, §;(tu) = 8(t,v).
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KA X FETE i85 (1.5). O
2~ (1.6) ATHAZR (1.5) #EH.

1.4 HAHKMIER BES IR H AR T — S RRRNERS. 7EE0E,
ERAR LN B SE% A IERE R X B — AN RE X

EX 1.6 K v:[0,1]] >CRZ—HHABHLK. &K 2cC\y. 7%

1 [
2mi Ir (—=z
Ay RT 2 AR, T I,(2); & v A BB, R 1,(2) =0.

TEtn BA AT MR

TEIE 1.3 AEN 16T, ,(z) REHME. % 2 £ C\y FEFHH, I,(z) £ C\y
HBENEBLEAREFTHME, MAEAREBLEASE. '

() R Wy B RS TR

dz
| 55 =vm-vo).
T $(0) B v(1) B AR 2(0) = 7(1) HSBBNPIRIEAL, B Ln(C - 2
T MEBTSYSCAE ¢ = 7(0) = (1) B, AT (1) — (0) £ 2mi HIREHEA, AT
L, (z) BUEBUE.

$F 2 K 2+ Az e C\y, ®AiTH

1 Az
Lz +A2) = Iy(z) = 2_7rz[, C oz 8"

FRY Az - 08, L(2+Az) — L,(2) — 0, BP I,(2) & C\y HIE—Hiksk, NTIE
FE C\y WIE—EE R B R .
e C\y R EEXEN, B Cauchy EH, I,(2) =0. O

BLERTFE Rl P e xd — SRS AR, DA, SEiER—1 T 2

SIEE 1.2 RHAAHL v By £ [0,1] B C #ees. R a € C, SR
vtel0,1], A

71 (t) — Y0(t)| < le — ()], (1.7)
A I’Yo (a) = Iy, (a)
iE (L7, a€vlUm. &

=M ~-a)/(v —a),



§1 [EMEERH Cauchy EE .7

WAl (1.7), [y -1 < 1. TEHAME v EAF 0 WEMLAN, Wi
/ﬁLo, Bl 1,(0) = 0.
y <

X[E 4 7 !
Y_ M Y
Yy m-—a Y-o
gﬂ"/{ I’Y(O) = I"Yl(a) - I‘In(a) =0. ?'[E?%ﬁ[i u

B 14 KA [0,1]-CREFE 2 ANERAIFABE. R acn, A
4 I"/o(a) :I’Yl (a)

iE % 6(t,u) BREX 1.3 WEZHAPIHMEH. TR 3 > 0, F18H
(t,u) € [0,1] x [0, 1] A,
loe — 8(t, u)| > €. (1.8)
MFX—e>0, A0St ROSu<IfEDR: 0=ty<ti<ta<---<
tn=1ﬂ0:uo_<u1<uz<~-<um=1,ﬁ?5we{o,1,2,~-,m—l},Vte[o,1],

|6(t, uz) — 0(t, ujp1)] < &

X (1.8),
1808, u5) — 8t wj1)| < o — 6(t,u5)]. (1.9)
& 8;(t) = 8(t,uy)(§ = 0,1,-- ,m), TR () = do(t),11(t) = ém(t)- B (1.9)
K513 1.2, I, (@) = sy, (), AT Ly, () = I, (a). O

B 1.4 BT R AMZN— T DERY, BERR—AFESFME. Hlin
WHA o & b e CHEFE C\{a,b} TEML vo GEMFA cdecfgchjcklc) K v M
A 11 EBE:XW‘EH:}’ I’Yu(a) = I"/o(b) = 01[71(0') = I’Yl (b) = 0. {—E—I-H‘Jl]é& Yo 3 71 E
C\{a,b} WARME.

1
T, RATKERT Cauchy & HLFTIE FH 89 BHZ AOYE BVESE — B HE



