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[#11.1]) &L{I}f(x) HE,B f(z) = 22+ 2x L‘g_r}f(x),ﬁlﬂﬁ f(z) SMBIRELR( ).

(A)y = J:(xz —2x)dx. (B)y = J’;(:cz - 2r)d't.

(©y = [ £ (2)dz. (D)y = ex"20)
(] Rlimf(z) = 1,0 f(z) = 2% + 22,
WHB z > 1HHRB,BI=1+2/ > [=-1 => f(z)=22~2z.
(A)y = 52* - 22 5 f(z) BXRLE R AR,

B)y = ﬁ(xz -2z)dt = 22 - 2x.
(C)y =fz)+C=2*-22+CE5f(z) MHXERR.
(D)y = =20 Wi 2 < 0Kz > 2,5 f(z) 2 XHRR, B (B) Az, LhR oMt
FMRLL EFRREALE, R ity £(2) WEBRE—RETE & (B) ALk,
BY 1 FARERABESHAA 2FBRF IR RR (o) BHFRER

— R i AR MR ARERN IR () ARG AT F
F &3 F .\ “RESHT BPTEE f(2) HEREXX. 5~ & N
W RERIEB S F RS f(x) §EEX 5 ABBATARZES EMT

[(B11.2] RKMBUTEMEFH f(2) RBRX:

(1) f(x+l)=/x2+%+l+sin(.zz+i2)+2, lz|>1.
x x X

(2) f(sin’z) = co2x + tanzx, 0< z < 1.

[8) (Df(z+2) =,/ (z+2) —1+sin(z+ ) -2]+2,




[ f(z) =+ z*-1+sin(z? -2) +2.
S L 1
(2)f(sin*z) =1 25mx+——'ooszx 1=1 zsmz+l—sin2.r 1,
1

[, f(x)=—2x+1—_—_—x, 0<z<1.
[#11.3) # f(z)BRFR:af(z) + bf (- %) = sinz, 5 F |a|# | 6] ka(x)-
(Ml 4:=-Lmz=-1 FREFBEN () +af(-1) =-sinT,

t

HUEREBE" B bf(x) + af (- L) =—sin.

af(x)+bf(—%) = sinz
BB T RA 1 =
bf(x)+af(—;)=~sin“;
B f(z)= zibz(asinx+bsin"%).
(B11.4] # f(z+y,2) = 2> -y + cos(zy), R f(z,9).
(B] Su=z+yv=T=z=7i"y=772.M
v uw*(1 - ) u?
fluw)'= (7 = (T + COS(1+ v)? o +°°S(1+11Jz)2
B flz,y) = 1411+y )2 (y#-1).
- amenn (ﬁﬂg’, 3 IR IR AR >

SR B A

[RERR) #sz&%m'r:téwfs%:(l)igmwz},@z&m;ﬁg'&m%
S50 R AR AR 0 4 5 0 0 RO R B 7 1 0 0 18 3 2 AR 1 B A R AR
AW — A R —AREBEZRAFRE. Q) (2) + £(— 2) = 0RHM f(2) HH &
WA . (3) DA E R T AR5 T, 25589 R LR T RAF A, 0 5
YRR BT,

(B11.5] HBTHIRBEFMEE: _
(1) Flz) = [ f(0)de 3ok fx) HERHBES.

@) Fa) = o)+ [ [[L e Jau, 3ok () Rt dse.
(3) F(z) = (7 + 3 ) (=), 3F 0 >0,a £ 1, £(z) (- oo, + o) LAEX, H5t

B 2,y AL 1) = [0t L)
- L= ) A

(®] (D F(-2) = | " f(ode == (= ) (- du) B2 [ f(u)du,
F(z)+ F(-=z) = f:f(t)dz —J:f(t)dt =0,




F(x) A& RE.
@) F2) = )+ [[[] ()t ]au,

o ®
Fl-2) = f- )+ [ [ tode au, ®
flz) AT RE S flz) + f(-2) =0, ©),
X o J:U;f(t)dt]du fasy J;[J;vf(t)dt](—dv) =—J:U;uf(t)dt}du, @
m0,0,0,®4% '
F(z)+ F(-x) = J:U;f(t)dt —J;uf(t)dt]du = J:U:‘f(t)dt]du =0,
B F(z) REREK.

(3) %glx) =

1 1

+.—.

ac -1 2’
aI

a* -1

1 1 1
ax~1+2+(a_x—1

1
a® -1

g(z) +g(-2) = +3) = +a -2+l
g(z) HHEH. |

X flzty) = fl@) + f(5), %y = 0,8 f(2) = f(2) + f(0) = £(0) =0,

X E%ﬁ():fm):f[:p+(—x)]=f(x)+f(—‘x),
fz) HEEH. |

B F(z) = g(x)f(z) HBEH.
BRI RRRAE R RIS
(RESRR] #7082 LA MBI RS
(B11.6] B f(z) BELT >0 NFABMESEDR f(az)(a > 0) RUL HABGES.
[] 4 F(z) = flaz), B F

Fz+ 1) = flatz + D)1 = flaz + T) == flaz) = Fla),

fx) KRM
% LR f(az) WA,

[#11.7) #BEHy=f(z),z € (-0, +0) HAFKS z = a,z = b WHHK(a #b),
RiE:y = f(z) REAYERE,FREAN.
(i) ®BEEE fa+z)=fla-z),f(b+z)=f(b-2zx),
FE,f(z) = flat+(x-a)]=fla-(z-a)]l = fRa-z) = flb+Q2a~z-5)]
| = fl6-Qa-z-86)1=flz+2(6-a)],
W f(x) REIBRB,HEAH T =2(b - a).

BV RE (o) KR 1 i

[BERR] ZEATHIK ﬂ;)ji%—,ﬁdﬂ%&ﬂﬂ;%‘wm
8 3 80— S $) 5

[841.8) ®EB f(2) Ela,b] LR, H f(z) RAMMAER F(z) = ——[Tf(e)ae e
3




(a,b) REFEREM. -
(iE] F(x) =- 1 sz(t)dt+££_£%—_jx_ﬂ£Ldt+Jx f(z) 4,

T ez -a) o (z —a)?

(x-a)*>0 f(z) $ﬁl:ﬂ,w>{(f(t\)%\
F'(z)>=0,8% F(z) #(a,b) ARFEM.

(V) kL

(RERT] EAXAANIBARRGER:

(1) AR RHZ L.

(2) P K ] Lk 4 R 80 A Rtk

© ARBHALER.

() — zo HERBERE f(2) £ xo # AR P oA R

(00Q) ®EB (o) Hela, + o) B, B lim f(x) = LI HAIREO BRIE: /(2) #La,
+ o) FHR.

| 21

E] ~ lim f(z) =1, - HFBe =—7,3X>0,

6o > XA S0 - l<

%) - 1> LA - e @ <

Bl < Sl

f(z) #Ela,X] bigk, d A KA L RBoE Fek, TRl 35, A< S,z € [a,X].
ERM=%S,“|I| X Vz € [a, +0) 5 |f(x)i§_ﬂé,

M&EM f(z) tEla, + ) LHR.

(B11.10] i f(z) = e_IZJ:te‘Zdt (- oo, + 00) LER.
hiE] % g(x) = J:te‘zdt, |

g(—z) = Joztetzdt J: - ue('“)z(— du) = J;ue“zdu,

2(z) HEEEK. EI f(z) = e g(x) BHBEBHTURTIER £(2) (0, + ) b
AR,

Su=-1

rte‘zdt 'exz 1
limf(x)=rlir§,°0 — = lim £ 3= o

=t el‘ >+x 2xel‘

HFBe = 1,3X >0, %z € (X, + ) B A

.f(x)—%’<—;—,' B 0< f(z)<1.



Y f(x) #[0,X] F#EZ, FTE£,II >0, V€ [0, X],EHOL fA(z) <!, M = max
1,0, MVYz€e0,+0),H0< f(x) <M. FHEAIE(- o,0] R, 8 f(z) (- o, + =)
EHR.

= . A4

[BERR] BBAXBAALRERTES  BFAMNFT R RANE(ERATHEFILY
£8), 0 Wk(EATFNEFRBE SR BHGEL , ABIEIKNEL) BFk(ERTHIK
HEHEL)

[B91.11) & f(2) = T2 R LA R )
_ 1 1 _ (1 -a%?
(] siro)] = 1- fAx) 1- 1 2 (2 -2)

1-z2)?
_1 ¥
f[ 1 ]___ 1 _ Alz) (1“.22) _ 1
)™ (m1_>2 ) -1 (__1_)2_1 T 222 -2
f(x) 1 - z?

[B11.12] B fu(2) = f7Cf(2)) ) F f(2) = 7= Rlim Vnsinl fy (2)].

)= - fle) =z J V.=
(f&) f2(x) ()] J1+f2(1) /1+12/ 1+(V1+I2) v1+2x2,

_ - fz(-’r) _ x
fila) = fLfa()] V23 V1+3z
Hge L b B AT A f,,(ac)=ﬁjf‘nch (e BCF AL, )
FR }ij{lo/—ﬁsin[fn(x)] i}i*rgfr_zsin\/l_j_nx_z = l’;‘.

x x x 2 0 i b
[%41.13] iif(x)={e <1,¢(I)={12+_ < R fle(x)].

r =1
(f#] HaEs bR e :
iﬁf&*ﬂi%&@%xiﬁﬁﬁﬁ}ﬁ bkﬂﬁf%tﬂﬁAEmﬁ%

gl (z) <1
( ={e ? :
flo(2)] o(x) lz)>1
1) % o(x) <1Hf,
Hx<0,p(x)=x+2<1, ED r:OI > xr<-1,
x
=0
Hzx=0,0(z) =22-1<1, Ep{x <2 => 0<z<V2;
2) Holz)=18,
§1<0,¢(1):x+2>1,ﬂﬂ1<0 = -1<z<0,
x=-1

z>=0
= x =0, ¢(1)-x—l>l§ﬂ{ = x>=/2;

1:/2



e**? r<-1
r+2 -1<z<0
e’sz"1 0<<z<V2
22-1 z2=42
z <90

(9 1.14) i&f(x)=%‘(x+|xi),§v(x)={x2 x>0,3kf[¢(x)].

ZEmR.AE  fle(x)] =

(ﬁ) % SHEERET I EEPRERY = o(x) mw_y = f(u) MR EE Tou
Aepr i Ll (T2 M@ HZ):3 Siliu TE [ X 6] o % 1 9738 i X 14

3 PRERERAy = () FRAZAEY Y = (To(2)] WEARBI 2 WEHK .
fo@] = Lp@F oI, (*) .
Pt u = p(x) BB, 1.1 BT, MR f(u) = 5 (u+ |ul)

HREu=0 (z-uFHLWzhh)

@] x
WMr< OB wu=2zx,(u<0)
r>08 u=z2%(u=0) wms
, , 0 =<0
B EFRBERARA() R,B fle(x)] :{ 5 ; Ei1.1
¢ =0

§2 % BR

— . #HIIHRR Xy
(1) Eﬁl&ﬁlﬂ@ﬁﬁnﬁﬁ{ﬁ&iﬁlﬁm%ﬂsﬁﬁﬁiﬁlﬂﬁ&lﬁkf
(RERT] AAHALRARLNRARBERLG(AMELQANBRUFLY

:_’;:;:,ﬁwrm&#vaﬁasmx%éwﬁm%;@ kA lmz, = | REREMET I HAR, K

AL R RARRImT.). XA HARFIHBHE LR (S limz, = [, REERANBL
SR | OB, AiElm ez, WALR KT EERAR |z, ~ || R HRAFELNT—
ARFNE). '

(#1.15] &z =2,2,=2+ xll,---,x,,ﬂ =2+ ;L,Sklimx,,.

n n—>00

] 4 lmz, = L 2 = 2+ - PR > o BHBR

n—»oo Zn

=>z=2+% ‘o> 2.2/ -1=0 > [=1+2,
'.'daaiftﬂﬁlxn+1=2+xi>2 1= 1+42.
DT E lim z, 7

1 _;[

Ip-1 l

l}ﬂi}'(.-.xn_1=2+ 1 >2,

Z-zn—l Tn-2

5 -1 = @+ -+ b=

Tn-1




z:2+—>2)<]“""1 o \“""2 Zl/4 o =2l Jzasmt] L]

42 43 471—1
lz—(1+J’2){ _hi-al Ji—1

4nA1 - 471—1 4111 ’
IEJ%T%:O o lim(z, - 1) =0,
[ 1ggcxn:ﬁ+1.
T
“5']1(@ ﬁx1—1$2—1+1+11 ",I~1+1+ ;Rhmx,,

(] 4 hm.z,, L, x, = E‘]Wjiilﬂ n — oo BRAYHR PR ,

1+

S1= 1 12‘1“1=0=>1=1—3~J—5,m@mmz:__l+fs_‘

1+1 2
PATF iE B Ii{gxn FIE:
— = - W _1
s (1+1+x,,~1) (1+1+i)|
l
_ | 21 = 2| | zper = L] B Y l
= TAFz@+ D] < 200+ <7 2iarn T 27 T = AT
! P T :
'}522"‘1(1“)2'0 -~ lim(z, = 1) =0,
0 1i1¥,10x"=1—4;21/‘_§.
[(BfR] HERAR z, >0 (n=1,2,),
x2-11:(1+1 )—1— >0 :.f:%,l"2>l'1-
W ox, > Tu-1s
) Ln-1 _ l:n _ Ln-1
mu’r’”'l_ —(1+ +1) (1+1+In—1)—1+1n L+ x,
Iy — XTp-1
T A+ x)A+ z,e 1)
W {z, ! BN,
Z= 147 f";:_l(-.-xn,l >0)<2 x| AR

514 3ijgoxn RE.ERHENI, TR

w1y = =150 nmRER

hmx,, = hm(l + 1 +

[5:4 limzx, = l—¥§ .

n—>00

(511.17) & 2,01 = %(1-,, +2) 3k @ > 0,20 > 0, Rlimz,. '

GE] 2 = 2 (et D)= 2 2 =Va, o] AR

fl



oo Zaxy _ 1
X S —2_(1+ )\2(1+

<
n

(J_)Z) =1, ozl B,

4 Ll{gr,, FiE, Alggox,, =11, WH
lm e = lim 5 (2, + 2). T8 L= 2+ 9)=1 = Va,

[ 4 l@oxn =Va.
i RS PR B T A MR S ik, ST 6 8T R 5 o A A PR 8 T2 & M 2 2 51

7 K R AR Lk

BT KRR 2 — oo I, n HHIRIEFR
[(RERT]  #54:() HRAHEFE. (2) AR RAHLFE. (3) A AR ZLEM

R (4) HARBLE.

A%&ﬁ]%&—-%’vfﬁ:ﬂ—-/i\ﬁl%i 1440 Bl — il X AR, WA AR 2 SUE E| 8548

; %&i’]é‘)&’ﬁiTﬁﬂz—/\lﬂ% B AR — N X R T, 2R ST R R

HeF\uh, R A kB X2 KA

[#11.18) KRTHFHMR:
1 1 1

' + -
Wl At s )

1/n 2/n n/n
L A e R 21l lim ntl ael

(®] (D E?ﬂ@——@i*%tﬂ% G, BASTARA - MERERR X BEARHERS 2
SOR .
- n < 1 1 < n__ ),
! Vnl+n «/n2+1+\/n2+2+ +Vn2+n Vnt+1 (n )
. 1 1 1 _
" ’!}Ir“l’(\/n2+l+«/n2+2+ +V712+2)~

. .1 1
@) }ﬂ(nzr-li-1+n2:l-22+m+n nnz): hm—E i

1 1 bis
= sdx = arctanx' = arctanl = .
0 4

0l + x
1 2 n n
1 n li 2n 2n . 2n l ii
@)n+l§(2n)< +1+'+l+ +n+'1—<ni:1(2),
Tt n
1 _ ,,z___rf _22t_ 1
hmn+1z(2" - +1E(2) o274z = ol T 2

: i.l_ x - =
3}22(2”) " _Joz dr = i

1 n
2 2% o
n+1+n Pt T

. lim

n—>00




i

[B11.19] Rlim >} —5—

o+ L +1
n
n 1 n 1 1
[ﬁl > - )
,»%{n+12+1 §1+lztl n
n n
2 _i+1 +1)2
Ligl Ul
n n n
}+12"%< £+1"%< > %'
R =14 L5 R
n n n
2 SIS GRS N DS S (R S
— (i+1Y? »n o (i+1)? n (n+1) n’
1+ 2 1+ 3 1+ 3
n n n
LN 1 1 f’ 1 ) n 1 FiS
—_———— . — = + —_—— = = —
}1{2[=11+(i+122 n 01+x2dx }Egn2+(n+1)2 arctanx()-l—O 4
2
n
v 1 L-J’ 1 _x _
}%%Hﬁ y T oI 29T =g B JRBR =
n

BRI KR n— oo B, n BERBAIHEM
[BE@RR) #EH:(1)2F 2BRARA—ABT RZHREHR ;) B A #E

X2 RABEAFRABX, EEAARIE P ERAE, AR A M AR kER

I (4) A A st HEF 2 n AAe K K.
— "
[#11.20] KT
2-1.3-1_n~1 . 1.3 5.
P+l 3P+1 AP+ 1 (2) lim 5 -7+ %
: 12 22 VTR ENE:
3 lim[ 1+ 50+ 2+ 51+ 2y |
] (1 LR -1 k-1 EE+k+1

R
n 2

2n —1
2n

(1) lim

TE-1_ 2 E-+k+1 n-+n+1l
X Ek+1”n(n+1)’ Ly 3
) . 2 n+n+l 2
O BB = lim S 3 T3

=13 .52n-12Q2n+1) <224+ 6*+(2n)*
T

2)1-3<2? A A
=1-3:5-Qn-1DV2n+1<2-4-62n

3:5< 42

\

.......................................

«3:5-2n -1 1
Qn-1D@n+1)< (2n>2J=>0<123-4-6-(--(nZn>)< Van 1

1
X Ul =0,
"'l*r{’l“x/2n+l



% mREBEE,FER =o0.
(3)ﬁﬂﬁﬁl[ln(l+1—z)+1n(1+2—2)+...+1 ( 2\_§ i?
n 2 22 n(1 + nz)]— gln(l +73)
Lapulit n—»ooBB‘BQ&FE B ‘

_ A 2y dgr — |t [t 2ldx
I= 35221“51 n —.L,ln(“x Yz = zln(1+ = >{0—2f01+x2
_ _ ' x—4 4
=12 - 2[ ( 1”2)(1.1,- In2 + 5=

W BEARPR = eln2*(n=4)/2 _ 2 (- Y3 = 2e(m4)2
BN @SR ARSI HRR
(MERR] 2% — &kl f,(2)de # [ Llimf,(2)lde, £ lim |7, (2)dz #7735
n—=J g a n—>® n—>0J g i
" S, — b 3. - ~ - ) A
(?) MARFXAE &R I, = J"‘fn(x)dx ﬁﬁﬁ%‘{&ﬁ&, Q)HABLTMES
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[(#11.21] RFFHM:
Wil 2dr @ lim[fsiwzdz  (3) im L ool gy

(®] (O #[0,1]Ek,z»>0,

1 " 1n+1 1_ 1 1
0<I01+xdx 1+E-[ 1+E n+llo 1+&6 n+1’
1 i 1 :
HPo<e<l, i }Egol+ dx—}gg*‘—{: 10

: - ;
(Z)J sin"rdx =j sin"zdzx +_L sin"zdz HF e >0 NEBEH,
0 0 7€
B_E ’ 12:_5
m 0< J; sin"zdzx = sin"Ejo dx = (% — g)sin®e << %sin"&,

Hbo<e< g - e, FO0<sinE < 1,ﬂfum§sin"s =0.

n—>00,

: 1 ;)
X 0< ‘[; esin"x’dx <J%_edx = —;- - (% —-g) =¢g,.. limjﬂ_esin"xdx =0,
: 2
% li{gjo sin"xdz = 0.

(3)" ocos2t =1- —(2t)2 +0(22), 1 -2 <co2t <1, TR

1] 242 1 cos2t 1
Jé a2 —adr < 142 dt<Jl4z2dt
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3,4+ 1,_1 .. 1 1, 1
lim (=5 + g +50) = 4 im0 =4,
.ljloos2t 1
Iy 4=y
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[#11.22] RFFIHBE:

D limVa@r -1 (@ lim(nsin)"

1
(®] (1 lim Vz@x -1) = lm x_‘.‘l_l<_g_)
x>+ >+ x_z
J"ln.ir -1 'l'lnl‘ l
= lim €= = lim ¥ = lm 7= =0,

R

lim Vn(¥n - 1) = 0.

2

2) Lﬂ&(msini‘)’z = ILirpN[l + (xsini* - 1)] ,
1 p % ‘ll“sinu -1 sinu - u

lim z%(zsin= ~ 1) lim 5 = lim 0% ¥
>+ X u—0® u a0® u

- § OC\Su—lzlim—sinu:__l_

B }:3 3u2 u—>0+ 6u 6 ’
' . . 2 21
lim (xSin’i')Iz = e_é, [ lgg(nsm%)" = e’6.
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[#11.23] RTFFHER:

A-Vz)A-Jz)(1~¥z)

. v1+tanx — v 1 — tanx ) .
(D) Lxlrox : e -1 ) EI—r-rll (1-z)1!
. ln§1+«}x—12 ’ . In(sin*z + &*) — x
(3) IIIE‘I arcsinv = — 1 ) 9_[.1(} In(z? + &) — 2x
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