SHAF

W 2 (o) HY R E A
S5 E BE

(EZ=)

GlRiE mE

 RESLHETS
RS RAHEY

Hlek Tk H kR 3t

CHINA MACHINE PRESS




EWEC A E IR S RIS

2014 % W B B v
WG ] PR B TR
HEA AT (BUF )

RBis wE

0,

LA T % WO A



ABREMBE=MEISE R, &S HIECFES W BE Il
R A BB X 26 RIEH 0 [l A, PR AN UFAR T OBE X R 28 ) Y PR S A
%, TR AT TR X I ) B A A5 R 2k S BB A . B A R AR 15 2 2 T LA
i o Xk RV B AR 5 0 AR D, R A Rl R [ R A Ak P A B AR O o
B BEA BRTB A C 2T AR R R T, X R A
15, S REE PR 2 A 4R A R A 1

BHERSE (CIP) #iE

2014 5 BF B 38 0 2 n) S PR A 0 S R R T . B =/ BR A
Wt . —AbET. HLBR Tk At , 2013.4

(B FEIESRIINR)

ISBN 978-7-111-42730-8

102 0.0 . OfFSECE-TIo k- A%ER- (155 %
k¥ IV. D013

o [ A P A R CTP B A% (2013) 45 115537 %5

FUBR ol R AL (deseli @ e R 22 %5 R4 % 100037)
WRIE . HRAR FEHE: HAN BREE
R KB BHEEH: fF F

R WL ENRI T ERRI (=300 7w A [ R 1T 0T
2013 456 J1 45 1 RS 1 IKED

184mm x 260mm - 14. 75 E3K - 362 T F

bR 455 . ISBN 978-7-111-42730-8

EH: 33.00 ¢

JUMGA A, dnAg Eeot . @O0, BT, A A AT A

15 IR 55 %) £ ik 55

¥R % o0 (010) 88361066 # A4 . http: //www. cmpedu. com

H fE — #. (010) 68326294 HLILE . http: //www. cmpbook. com
B B — ¥, (010) 88379649 ML T 'E1#H. htp: //weibo. com/cmpl952
P B . (010) 88379203  HE B th AR A AR



ZWHBCFESE A S RN B 4

AT FEAAIE S O T iy, RS AR Bk M M HE T, A RO RS S B i

B, IR RSB, A B R A R SR, AR U AR 1 i b TR
NSV NEREE: € s R 2R RS K L T Ol

£

AL ST SIEE RIS B, — | B0 RECE SRR, O A =% R0

AT, SR

(2014 ZWFRCE BUBRS (B =) H4E BUBURS -5 90 ) JE)

(2014 ZprECF AR W RSB (50 )

(2014 ZWFFCEE SR W B R BER L 525 A BT (BE =)

AR A N 2 BRSO AE X 4 TR A A 2 B — T K N B T A ST RS D7 e 2 A L R

Aoy B HERE B R, R R RS R B, R A LA R B B R S A

AL, RRNARYE, ERMET R ASLCBR gk . s, & ARl AATETE, %

FIPE L BT PE QAR s, n] DAW] W4 S A2 ) OR . B IE A . ik, EEE L, )T
KEAMIA N B4

BUAR Tl iy AL



A NFLE S A RIS (9 HE Rt (15 M2 B 35 05 B M i 2R 20 ), RUIMRE 4R T
A BB I B RIAR A, R DAL AN 2% 50 e £ i AR AT (B R0 4 ) i 40 A0 R B8 35 A A M K
U] B A 25 80) . (AL 2, RARIE AW . R ER, AT B EC A 4 4R i
A7 AEL5 K6 PR F) BRI

Ho—, RZ MRS TS, 25U A7 VF 2 AR AT AR SR R B T 1, AT 5 i R 7 14 A B 15 A
fEdE R VF 2 A BT, T4 I 0 S DR BE A . 35 R LA T M) 7

B 1 *mmgﬂCijﬁjﬁﬂf

R R R R R R AR

Em[(x—a;zx+b)r =y2{[1+(${;£¥iizg]%%&%}%%ﬁ%w
‘ =e
0 SR A AT B T 5 PR AR A
Eﬂ[mf—im‘)] = lm (0 +__a)1(1 o) - eful. 5=
X

BI2 B =y, ve(x)), SCHBRECS S TE S PR, B T LA x =

2

AR AR (1) =1, R
LI B B BV 2 R BB

x=1
y=1

% = f' (xy,yg(x))y + ' (xy,yg(x) ) yg' (%),
2
sy = Gy (0) 3 LA Gy () + S oy () () ] +

(AT (xy,yg(x))x + 5 (xy,yg(x) ) g(x) Jyg' (x) + 4 (xy,yg(x)) g’ (x).
$eg(1) =1,g"(1) =0 FRA L 75:

y)
92 = £(1,1) + £I(1,1) + f(1,1).
0x9y |*-!
R P B SR R R A
Hﬂ%ﬂﬁ'(xy,yg(x))y+f2'(xy,yg(x))yg’(x)
” 9z _djaz #e() =1.g'() =0RA rq ,
1°F ax—ay‘: _d)’(:}; ,1=l) - [dyfl (}*)))] ) -

=1 (r.y) + AT (ry) + 5.0 Ivh |2
=f(1,1) + f7(1,1) +f5(1,1).
Ho, BT AR S R Ol S is HRE S . BEUR A AR LR L, SRRk



Bla<
N
AR AT 8 SR B, R AR AN iR R I M A, MR SN EBR . M
B A OB A I A ST RE Sy, RAIE — IR A RN T A5 TR
AN I 1Y . IR
B3 WEWAER

Il[I

+x+cosx21+% (-1 <x<1).

xln

/F“f'fu/f\"u\uk%, i P S ROTRE  pR R0 U8 1 A R UL T DX 1] N B A o 5 2 4
R, R ZRA R WA AR BT BT B0 W, 0 5 R 8 ) K

id f(x) = xln 1

X
+; s x —1 —— Il
-+ cos x ,

I +x 2x ;
+ ~ — sin x - x.
1 -x 1 -4%

T COmC-1, DNNRFSASHE, S0HR (0O FFEBEEC-1, HNKRFS:

f'(x) =1In

) 2 2 +2x° -
f('t)_l—.x2+(l—x2)2 cos x — 1
4
=————-coszx~-1>4-1-1=25>0,
(1 —x%)°
<0, -1 <x<0,
e al @, f'(x)! =0 x=0, B £CO) & fC) fEC =1, 1) I /MEL, AT
>0, O<x<l1,

f(x) = f(0) =0,H xln
fEXF X AR BT 7T EIHH#IY

x+('()sx21+£ (-1 <x<1).
x 2

cosx =1 — ;—~ (-1 <x<1), (1)
FEBT: o L Y 210 man L 20, mH
1 —-x 2 2 1 —x
<0, -1<x<0,
lnl+x—,’({:O‘ x:O’ (2)
1 -«

>0, 0<x <1,
Riggma ), X)), X ER. EEAB/D T . BENT.
(1) WuEH .

<0, -1<x<0,
=0, «x=0, Bl £, (0) &2 f, (x) £E

>0, O0<x<l1,
2
(=1, D) WM, R £ (0) =£4,(0) =0, Hlcos x=1 -7 (=1 <x<l).
A (2) W]

”

Ief,(x) =cos x =1 +%, l}l']fl'(x) = —sin x +x

1
A = i =2 1 =1 o c1 <<,
- 1 -« 1 —x~ 1 -2
<0, -1 <x<0,
A 1 +x 1 +x 2
M f, (x) =1n -x! =0, x=0, B xIn —x=0( -1<ax<l).
= l —-x 1 -«

>0, O<x<l,



>-201 AZFBFIRERE EXCHMNREBLISESARN (H¥=)
Vi

AR 5R(2)H

1 +« x?

2
nl_x+cosx2x2+l—721+% (-1 <x <1).

TR R BRI, R A AR B b B o i PR AT, O 1R B 5 A BEAE BRI ]
W, IR RAEM ST LM SR b, R A2 PR RE S b, AR AT 8K e L 1 2
G R AT D T 5 TR ORI 25 D AF A D S Sl b g S AR R SN S Y 5
Borftmk - W% BN PREERR L 5 28 5 BB AT )

A AT UG DU AR BT R Y ) R 2 BT S R R ), 35T 26 4,
I HEAT TR OURR - B AL 5 A N %

L RS ik i

BB OR R X — ) TP R T, L o S TR ) B RS AR B AR e O . b AT B R
FEMR S RRB AN, N —BREMBHSFHE R FIR; AL ERARR, AU B
Ja RS HRAERFBRGE AR, WARFS AR e, R P E
A1, o T B IR W AT A, MW SRR O AR R B, K G BE 2 0 e T R i
IR E AT AR R4

2. G

F H LAIX — ) B R A0 TR B AR 2% b 45 BRS04 95 Hh BT 1) FIRE 2 Hh B )
90t SR DA S 2 B A S e Xk S R LR AR R A o, AN URT DA SE AL EE, RS 25
Fr A PR B B AR, T HLOE RE R S X LRGN 0T . SR BE T, AT 1R UK A v BAE e
4 70 B A B

g 1A, 2o PREEME S 1L RILR G BUR AT R BN R AR, J0I R A6 X HE Al KLY
B L, AR R B TR R b, BB K il -2, T B Y AT
B . MRt — RS, Ll AR A AT AR . A AR T A A B
Fe o AL R A T A B TG

R ) 2 AT AR A5 4 AT 4] 2 AR 38 WL, i R BB 1 E cqhshuxue @ gmail. com, A H /&
i !

xl

EREEXRFHIRE KRS



EMHFEIEFIRIILABNEA

e
Al &

01.
02.
03.
04.
05.
06.
07.
08.
09.
10.
11.
12.
13.
14.
15.
16.

17
18.
19.
20.

21.
22.

A B B

SRR AR R S DI 5 40 A s sus wwsion s cwionn s oumas 655005 6 G551 & 6606 655 043 4003 5404

HIORRITEHREREZSRE

BB EEFANNRERESREE
AHRESKETENRERZSRER
ERSUHBEHREBREZSREE

FTHEEAREREEERITENREREZESREE

ERLEMESHE —_NMESHHTENREREZSEAE
ELABRESRETENREREZISRAE

B. £ tE U &

EEXITENREREZSRE

C. WE#i 'y Bosil

BN E R B BRI RRIE G ARG E oovrvr e vrrme e e e
BN R R S A MR MRIE SLE AT v vrver e s

- 10
A SN EE NS T ENRIBREGEEE e e
X TFIEAGEEDE & BRIEMIEG A -ovvrerereer e e e

18
27

. 35
= 42
- 49
04y FRR BT B IREEMBE G LG E - ooovvr v rrr e eerrr e e e

61

o G1
- 79
.. 88
_mﬁﬁﬁfi*mmﬁﬁﬁigggﬁ
ZMWQﬁE*ﬁE"JREﬁ%EJ%‘%ﬁ

94
104
113
119
124

- 132
ﬁn&ﬁ*%?ﬁﬁﬁl&#“fégiﬁﬁi—!-gmﬂﬁm;‘%_l‘j‘%g@
ﬁ&ﬁ&ﬁﬁﬁ&ﬂii—i—g%ﬁ%ﬁgﬁﬁﬁ%ﬂ

140
153
168

181
189



23.
24.
25.
26.

iim AZMBFIRERE BECMNRERZISESMMBHN (HF=)

CHESR N T RO ERERT I MO RERESE AT o
EEUBNTRREERORTHET HORERESEET oo
BEFOSHREERN AT BT MO RERESEET oo

196
205
213
220
227



A | &

O1. A A BR3P i 1k 5 2585

REERR %

AE A BRICAT-E R, ENTMTHR ik C e CRERE R 3 — 55 T/ 7 &S 4i 19 AUA

X BERUA AT R, X LA R E AR u%*ﬁ'.!*ﬂiiﬁ.'-!*%ftml‘&ﬁiﬁ%mﬂ, PR HE A TR

[e2]

T 5 058 T R, AL o MR AAGE AR R o s A B A 8 0y

©

R0 e 5B E Eo ARL LSEDE A AR, e p
%ﬁ%ﬂ%iﬁ&ﬁ%%%ﬁ%ﬁ%%ﬁ.

B lim é((x)) e B E AR (b x AT R g a0, -, + 00 Koo ) JUE Al LA F

A RRBET

fi mm f(x)
1. ﬂ:l*ﬂ 2 ()

f?ﬁﬁ/ﬁ:@%/ﬁiﬂ )45 g () AN T 70 T8 BT BAL o AR G B v 0 4 i
T £ A A S S o A0 PR sl B A R 2% S T A R 2 RO s R o T PR 1) R s U 0 A

B TS0 5T B, A ) (o M5 6095 MUBE . 32 lim T 50 4 Eiae
fl f( o fl(x)
Al Ml L = i
2. 35 lim fl(X).
-‘”-‘ugl(x)
A Co R fi(x)
T 21755 A A U BRSSO ST 0 8l 51 g1
xoxg &y (% e

x%wﬁm%ﬂ%ﬁﬁmmmq%%mm%ﬁg%m.
BOL1 SR FHIALER .

2 a2 2
G X~ — Sln xCos Xx
(1) lim - ;
x—0 x-sin"x

(2) Hm V1 +2sinx —x — 1

xIn(1 + x)




> 2014 MBFIRER BECOHMREREISGSSIRBT (HF=)

¥R E?éﬁt&[fﬁéﬂi%% T e 2 2

x% — sin’xcos’x (x + sin xcos x) (x — sin xcos x)
x—0 x“sin"x x—0 x
. X 4+ sin xcos x ,. X — Sin XCOS X
= lim - lim 5
x—0 X x—0 X
. x —Lsin 2x
- sin x ARRT
xljol(‘;(l * X cos X) meO x3
x —%-sin 2x
= 2lim ——5—— (LLE#ARAH)
2—> x
Ik .1 — cos 2x
2 lim
x—0 342
1 2
7y
=2lim—— = —.
x—0 3x2 3
/1 +2sinx —x -1 . /1 +2sinx —x -1
(2) lim = lim
=50 xIn(1 + x) 2s0 x2
- lim (1 +2sinx) — (x +1)?
=0 (/T +2sinx +x + 1)a°
. 1 . 2sin x — 2x — &°
= lim . llm—2
=0 /1T +2sinx +x +1 0 x
_ 1 limZSinx—2x_l
- 2(:‘:7»0 x2 )
S lim 2T Loy b
x—0 x 2
WK 1 i I — cosx 1
=0~ Tivi _
2 x—0 x 2
1.2
S ST S O
T2 0 % 2 - 27
B 01.2 R TFIIHKE:
(1) lim In(x + /22 +1) = In(x + /2% - 1)‘
T+ o (e% _ 1)2
. ln(x]T -1)
2) 1 —_
( )1:r+nw In x
1nx+ 2+ 1
2 2 _ 2 _
e (1) lim In(x + /« +1)I—ln(x+«/x 1) - lim 9c+l x 1
x>+ (87_1)2 x—+® (e‘;‘_l)Z
1 g Lt V1 + 12
Aog = —
‘ % 1+ /1 -2 [0 .
I O e
b (e -1)2 (0 i*u_iﬁ?&l‘ﬁ)

(1)



w5 <
B :

Horpe— 0" i,

L+ 1428, S+ - J1-2 1+ - /1-2
——F—— =In[1 + ~
1+ /1 -4 1+ /1 =42 1+ /1 =¢?

~%(«/1+t2—\/1—z2), (2)

(e = 1)* ~ ¢ (3)
K (2) . RGHHRAK ()R
g e+ /24D e+ W -1 1 142 - 17

In

i
I—+® (f‘% — 1)2 2 t—0* tz
1 JlL+22 -1 . [ =% =1
=5 lim 5 - lim >
t—0* t t—0* t

(2) FF b SRR A AR, T o 6 A 5

(e - Inger - D
lim ———— = lim ——
x—+® lnx x—+® lnx

( 1 —In x)
In x
¥ 0 1 3 U 1, e x?

x—+® 1 In x
—(e* - 1)
1 —ln«x
In
= lim e+ + lim ——
x—+x 2—+® eT _ 1
I —Inx
. % 0
= lim — (o Bk B
X— + CT _1 0
I —1lnx
= lim
x— +® _x
x
= lim 1 —Inx -1

r+w 1D %

B 01.3 IR IR

(1) lim (% — arctan x)I“;

x—>+x

1

n2(x-2)

(2) lim( \/3——ix+ ln%)‘ih o

2

1

(3) lim (Inx)* "'

x>+ 0o

B (1) P of Rk AR . T



= 2014 B FIRER BEXCHMREMZISGSERT (BF=)

4 ]

o
ln( L arctan x) At = T _ arctan x
. 2 In ¢
lim im
o In x 0+ Incot ¢
WALk 1/t
lim .
-0+ — e¢sc t/cot t
== lim(cost' s l) = = 1,
1—0* [
Fr LA ¥ (2) FRAK(T) £
1
lim (1 — arctan x)h” = g~
X+ 2
(2) JUr e b PR 17 789 o s oCAR B

T

Ferfr lim

1 ™ fn lim ———
lim (* — arctan x) = €.ix iz

(

(Hr%fl).

P A i A

o]

]n(mwtln%) A2 ln(\/lj+ln(1+%))

”

x—2 sin®(x - 2) =0

= lim

1 —% — 1 +1n(1 +%)

t—0 t

-1 1

.—+
KN 2,/1 -¢ 2+t
— 11m

t—0 2t

)

= lim ‘ Jiy Sl = P=Llh =

=072 /1 —t(2 +t) =0
(lim—1 =t=1 —L)

it LK X (2) AR (D) 13

linf /3= e )7 -

2t

(A
(3) FFe MM AR R I
lim (ln x)xl"_| = exlj""’(\'l/x—l)lnln x

(1)

(2)

(2)

(1)



M 5 <

Hop lim (x'* = 1)Inln x = lim i 1
Inln x
—In x
. -1 0
= 9 kgt
Jim = (g Bk b
Inln x
1
—In «x o x - Inl
= lim — = lim 22200 % _ (2)
X+ 1 X— +% X
Inln x
T LAKE R (2) A (1) 1%
lim (In o'c)"“'l =e = 1.

X+

Bl 01.4 [H TR

x

[lan t +1In(1 + ¢*)sin %]dt

(1) lim =

x—0

’

f In(1 + arctan ¢)dt
0

dexf sin ¥y dy
(2) Tim —4—=

(0 (e_j’

-

T
— 1)arctan ¢

B (1) ﬁﬁéﬁ*&ﬁﬂ}%% AR E AR B, O At e R (0 B i B S0 ol T3 e 1 0 0

. I
© ) sin — [ dt
f [tan t +In(l +¢")sin — ]( 36 1 12 )

lim TN
x> X x— 1 1 ot ;
’ f In(1 + arctan ¢)d¢ 0 n(1l + arctan x)
0

tan x + In(1 + x%)sin LS
x

tan x + In(1 + .rz)sinl—

= lim ¥
x—0 X
2
= lim a0 % + lim ol 1 % )sinL
x—0 X x—0 X X
2
= ] +0(EH:j:limM = i, ginet
x—0 C x

2
Eﬁx=0%Z®%ﬁWﬁﬁjww%ﬁQ%i%m%=o)

= 1.
t L 5
dexf sin y“dy
0 2
2 1 ’

- =7

m
ﬁﬁ?ﬁﬂiﬁ&x‘%%ﬁﬂ*kﬁxﬁ&l‘ﬁ, R 2GSy IR IRNB R, SR ARGk . Dy ORI
RS R A X ¢ oR S, I S B B (R O R R R OC T e B LR eR B

t t
JIde'WSin ydy
(2) lim ——= - = lim (1)
NI

190" (%" — 1)arctan t? !



>EZO1 AEMBFIRERE EEXCMANREREISESHBT (HF=)

J[dxf sin y2dy =ﬂsin YVdo(HH D = {(x,y) |2 <y <t1,0 <x<\t!
0 x?
D

={(x,y) [0 s x<Vy,0<ys<tf, K O0L 4 FFHEHIHK)
J’dy[fsmydx—j\/ismydy (2)

\’ Y
/ /’/

|

|

|

|

|

|

|

|

|

|

|

|

|

|

i

/4

)’
@) =
01.4
B2 RARX) T
t
d f 2q f in y2d
; ﬁ_x siny”dy i Jisin 2
lim - = lim - lim :
=07 (e~ L 1 )arctan ¢tz 07 _ -2~t7 1—0° 2 . lt?
™ ™ 2
= -2 lim i = =
7 t—0* t% 7
pas
58

Ao AR BRI S R EOESEME S W sUAE , AT PEHDE R ROHE, thZm AR A
ﬁ?ﬁ%ﬁﬁﬁ“%‘#“ﬂ@rn Dﬁi—ﬂ‘n

BIOLS VLE¥f(x) = 1 ‘

T -osin e w(1-0)?
mg,ﬁﬁﬂMEy;,qiﬁﬁ.

W® T

Jimi}

4%3q.mmmﬁiﬂn

lim L+ L - : ]

eot-Lamx (1 —x)sin (1 - x)?

L4 lim 1 e N N Py F 1)

T ,...—[(l—x)sin'rrx m(l —x)

(& s

m(l —x) — sin mx

=]—+ lim 5
™ o1 w(l —x)7sin mx



g <
- A’

Ar=1-x | .t — sin Tt
T 0t rt sin Tt
1 . art — sin 1Tt
’TT —0* mt

WAk ] + 1 1 — cos 7t

#uﬂmmyg,QLﬁi,muﬁx

f(1) = limf(x) =

1 LT
x—1" " 6’

mﬁﬂnﬁﬂ%,ﬂhﬁﬁ-

in(} ¥.x) +sinx, x>0,
x
B101.6 BB f(x) =41, x=0, Rf(0).
tan x ei"—l, %<0,
x
g T
[ln(l + x) : ]
— =% 4+ sinx|-1
£ (0) = tim LD =AO g *
x—0" X =07 %
In(1 + x) X L in
= lim 2
x—0* x
= Tim DAL #3) — & +Zx) =% & lim 382
x—0* X x—0" x
= lim 2 +%) -%
x—0"* x2
1 L
WAAREN 1 + x
= lim +1
x—0* 2x
-1
= lim ———— + 1
e 2(L+x)
1 1
= - ? + 1 = 7,
tan x L
( +er" - 1) -1
f—l (O) = llmM = lim ¥

20 X x—0" x



32014%43%%&##&%% BEEMAREREISEEERT (BFEZ)

tan x — x L,

+ (e = 1)
= lim
xs0" x
-1 tan x X lim 5_“—1
x—0" % 0 X
= lim tanx—x+L
« 0" ¥’ 2
6 A% 3K T 0 secx — 1 % 1
x—0 2x 2
— lim tan’x 1
T oeo0- 2% 2
1 1
— O b— — —
+ > X
' , 1 o e 1
B £ C0) =£2(0) =5 FiFLA £ (0) =
1 +x
1 01.7 >kﬁhé%2y=h(r>0)m4tiﬁkﬁﬂﬁi&%ﬁﬁ.
X
1 +x
x
B Ol Ta-= lim £ = lim {1 +3) lim L :L,
x>+ X x> +® X x—+o 1\ €
I
x
1+x 1 1
b = lim (y —ax) = lim 7C——Lwc]z lim x| ———— - —
xrtm v+l (] +x)° e X t® ( 1\* e
1 +—)
X
/-}::'— L (1 +1)
x e —=(1 +1¢) 1 . eemil¥ e
lim — =- — lim
=0 ep(1 + )" e’ 10" t
| erin(1+0 -1 _
=-—lim ——
€ ;10" L
1
—In(1 +¢) -1
i t
=-— lim
e ;0" t
=—Llim In(1 +1t) — ¢
I I
1 —
8 6 1K | R B
———— — lim
e ;.0 2t
-1 1

:—-—l. _ = —
e oxtt 2l # 8] 2e’

BFLA, 4024 T T R 7 =+

. X
i 1 — ysin —
e’ —1 s

B 01.8 KpRE g(x) = lim

vioe | xIn(l +y) = xlny arctan x

Yook g () ] T M



