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H-m BEEHEATER

$1.1 iREMERZE

EX 1 [EAWANEa 56,070, MRFAE—-TEBE ¢. G a=
bg UFR b FERBR a6 2 a BT, a &6 BEELIHFIEH O | a. BN EAR
FEAEXFER) g, WIFR b ANBEHEBR a . I b} a.

B, 1A 3 | 6.2 | 0.fH3V7. B Ha.b5c HEE, be #0,
be | ac, W b | a,3F HRZIFR.

EX2 HabS5q HEB.a 56 A2 F.q#0HHqlaqlb,
MK g Ha 56 AHETF. B qglka 5o MEMAHET, BXME—a 561
EMART ¢ 88 ¢ <q,MFKqHRa 5bHERKAHEF, ik ¢=(a,
. BR.(a,)=al, |6, XB |a|5|b|HHNERaaTbHEXS
. # G .b)=1,Hab #0,IFKa 5b HZE.

B X, AT H1(3,6) =3,(10,6) =2,(7,3) =1. BR ., ¥ a 56 BAL
HENER. W a 50 BEKARF (a,0) DFE . XEENa S50 ZVH
AHAF 1L MEaZ0METF |a | (VAEAERIMAF IHHae 56 WARHT
Wit |a| WHEF . Hitae 56 WIER AR FHLARKE. MATREEN
MEFRB B K AR FR? Mk, RITH

FEL CIHCERERE a5 HEEL6> 0, WFEME—— AR
(qsr) 0 < r < b,ffi1§ a =bq +r.

Cii) Bab5r HEBWER .60, FEER ¢ fifa=0bg+r,
N Ca,b) = (b,r).

Cii) Bt a 56 AR EAFHEENGFEER = 5y, 15

ar + by = (a,b).

ER D ER—AEEK QR Q> L4l man
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—bQ < a<< bQ
FR.EZULn b+ 1) BAREMAFHXE, — Q< n< Q.n HEH,
ny

a En=lj_o [bn,b(n+1)).

HTFXEXEEAEE, FFUFEENER q, — Q<< Q,#78

a € [bg,b(g+1)),
Bp

bg <a<<b(g+1).
’“Fw—WmMO r<gq, a=bgq+r ERH—HEE( ), HE

=bg' +r,0<r <q

blq—q')=r —r.

#Ha#d W |l q—q |1=1,
b<|blg—q") |=| ¥ —r |< max(+',r) < b,
FIE. XUHAULRE g=¢ Milir=r . BHHE R a=bg+r RO r <
b KB EOT (g, r) RME—F).
Cii) BF

o b
r=a—bg=(a:0) |5~ sa

B Bh(a,b) | ryX(a,\b) | b B (a,b) K b5r BIERAETF, & XA %
(ayb) < (byr). KU, AT HID, 1) N a 50 WART . FUXE (b,r) <
(a,b). HI(a,b) =(b,r).
Ciii ) T o> 0. i) ATHELEEL ¢ Br,0<r<b,ffif§
a=bq+r. (D

#zHr=0,Wa=bq,(a,b)=b.Fb>1,1<r<<b,XfbKrNACI),
AHGFERR ¢ Ko 78

b=rg, +nr, 0<r<r (2)
Hr=0,UECH), (1) X2, qH(a,b) =C(b,r) =r. & r > 0, ML
F(2) 1§

r=rq+tr, 0<r<nr, (3)
Hg Bor, RBE.#H ro =0, Cii ).(1).(2) &(3), 0 Hl(a,b) =(b,
) =(rsr)) =r & r, > 0, MATRBIF2) KG),HHCH) B3

r=rq;s+r;, 0 r; <<r,, (4)
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X H g Bery HEBGHE =0, H i ),(1).(2).(3) KX (4) Al Hl(a,b) =
ber) =Cror) =Crym) =r % 7y > 0, RATAT A (4) 2eplitie T
%, Bg

ro=riqtri, 0<ry<rs,

Ty = Tnt1G9nt2 Froes 0<rpe <7

HTFo>r>n>>r>rna >re - BRESHREE, bEHH
NEE k=2, 75
ri=riQae T rae, 0 <rpp <rgs 1<Ki<<Kk— lor =10 Qe
(5)
TR, Cii) g
rip = (i) = sr) = =(ry41r) = (ryry) = (b,r) = (a,b).
(6)
BAE, B (1), (2),(5) K(6) A& ro =1)
(ayb) =1y =1y — Qe =1 — (Fes — 71 Q1) Qe
=r1 (1 + quqi1) — re2 Qe = =r1cx — rodin
=b—roq)cr —rodi =bc, —ro(qe, + diy)
=bc, — (a—bg) (qc, +dpy)
=b(c, tq2ce +qd) —alqge, +diyy) s
Horpoo Md e TS quer squs g A RMBEE. TR RIIEM T4
B 5y @4
ax + by = (a,b). ))
FAE) B ory=0,BFEQ) H r, =0, A2 1 r, =0,F7ED) Hr=0,
YOI BT LA 2SR “ R HE” F AR (7). % 6 << 0, i1 F (arb) =(a, | b]),
AT SR B —HEE (20530 T2
axy+| b | yo=Ca, | b]),
RIGL x=x0,y=—y,, BMABEN(). iF B
FEE B 1B Clii ) FTIE B o Bir 45 A0 SR 8 A 98 00w K2 R 7 B O 1
PR o 9 e M BR 0 5 SUFR N K L B $8 89 (Euclid”’ s algorithm). F & {18
10245451 156 B 4 ] P 0 2 A 5k 2 SR 79 A I B B e K A BT
Bl1 (i) 3R(788,231). (i) K — 4 (x,y), W& 788z +
231y =1(788,231).
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@ CiHmT
788 =231 X 3+ 95,

231=95X2+141,
95=41X2+13,
41 =13 X3+ 2,
13=2X6+1,
2=2X1,
FrA R E R e 1 i), g
(788,231) =(231,95) = (95,41) =(41,13) =(13,2) =(2,1) =1.
e 2, X U 788 5 231 REEM.
CiH) ¥ P ERLREE, T
1=13—6X2=13—6(41 —13X3) =19 X 13 —6 X 41
=19(95—41 X 21) —6 X 41 =19 X 95— 44 X 41
=19 X 95 —44 X (231 —95 X 2) =107 X 95 — 44 X 231
=107 X 788 — 365 X 231.
T LA s %5 B
z=107, y=365,
JIUEES
788x + 231y =1=1(788,231).
MR,
HiEEE 1/ Ciii ) AT A% 40 F HER
Wit 1 Bablc AR, bc #0
Cid)#F c>0,MCca,b) =cla,b).
(ii)#&al bc,H(a,b)=1Ma | c.
Ciii ) & bye) =1, (a,bc) = (a,b)(a,sc).
ERE Ci) e 1 Wi, TRFAEEE « &y {#i18
(a,b) =ax + by.

FIr A
clasb) =cax +cby = (ca ycb)m,

S = o (Cacf’cb)y,m Jo TEREB L ph I AT 72,

" (ca

(cascb) | (cCa,b)),(ca cb) < ca,b). (8)
X THRAEER u Xv #5
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(ca ycb) =cau + cbv,

v LA
(ca scb) =clax + by) =c(a,b),

a
(a,b)1+(a PEA R IE#H. Bk AT AR

(cCasb)) | Ccasch) yclaysb) < (caschb). 9)
H(8) 59 /.
Cit) B Fla,b) =1, B8 1§ i) TRFERR « &y, #18
1=1C(a,b) =ax + by.

Hrpn=

TR
c=cax + bcy.
EHHAal be,fiTbhal c.
Ciil ) —J7 1 o 2R 1 8 Cii ) » AT A7 7R HO (s ) B (a0 o (78
(a,b) =axr + by, (a,c)=au-+ cv,
T,
(a,b)(a,c) =alazu +czv+byu)+bcyv+(a,bc)M,

)yv M D IEEEHL. d AT A

(a,b)(a,c)/(a,bc). (10)
H—HE.H b)) =185 FH(a,b),(a,c)) =1. T2, B

Hef M= (a1u+cxv+byu)+

( ’b )

_ a
(asb) | a, a=(a,c) @0’
MABAHERE il W17 (@:0) | =} = %, ) ply A 4
9C) (a,b)(ayC)

WHCi ) Bparg
(aybc) = ((a,b)(asc)m,(a,b)(a,c)n)
=(a,b)(a,c)(m,n) = (a,b)(a,c), (1)

_ a __a
Hhm = e o " = @ | aro B0 QD

(aybc) = (a,b)(a,c).

iEEE.
TATVRF R B G R I KA H F A KA 8] 5.
Bl2 Ra56 AN EHEL, H(a,b) =1,KiF
(a* —ab +b*ya+b) =1 8§ 3.
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iER R LMD, FHIEW: F AB 5 C AEY, B
(A,B) =1,BC # 0,
(A,BC) =(A,0. (12)
(RZR=D). BATH LA AR 750, (12) BABA H (100 HELE®
. BA

a* —ab 4+ b =(a+b)a+b* — 2ab. (13)
FHat+b=0,0b=—a,(a,b)=| a|=1,1MHt
(a®> —ab +b* ,a+b) = (3a*,0) =(3,0) =3. (14)
Fa+b#0, M (13) LIRER LK) 7787
(a* —ab+b*,a+b) =(a+b,b* — 2ab). (15)
#Fb=2a,MH(a,b) =1, | a |=1, ki
(a* —ab +b*,a+b) =(3a*,3a) =3. (16)
b2 a, W b* —2ab # 0. 1
at+b—a=b,

ER 1 MCH) RBREAA
(a+b,a) =(a,b) =1. an
FrLAd (12) & (15) Al 7%
(a* —ab+b*,a+b) =(a+b,b(b—2a)) =(a+b,b—2a). (18)
i F
b—2a— (a+b)=—3a,
b#—a,2a,HEMH1HCI),12) kA7) AT
(a+bb—2a)=(a+b,—3a) =(a+b,3).
M Fa+b6,3) LR 3MEF, B HAEN 1503, Bk, 1 (18) o] H T 45
WAL iEEE.
B3 BemEn ART 1 MIERE,KIE
(2™ —142%—1) =2 —1],
i AFRm > dEEIACH,ERMNE
m=nq+r, 0<r<n,
He g Fr BIEEE. & r=0,0

(m,n) =n (19)
AR W1 < r < n, FRATAT LASIEBH
2m"—1,2"—1)=(2"—1,2"—1). (20)

I, b T OV ROk D
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271 —1 =027 —1)(2"" 2% % feee - 27 ®) 427 — 1],
FrLAmE R 1 /9 Cii ) aT48
" —1,2"—1)=(2"—1,2"*—1)=(2"—1,2"—1).
FIF 200, A B RATAEUEBA E 2 1 9 Cili ) PR A RR B KA EF 4B’
(1) ~ (6,775
2" —1,2"—1)=(@2"—1,2"—1)=(2"—1,2" —1) ===
=(2% —1,2% —1) =21 —1=2"" —1,_ (21)
HREKARFHEBRE LT (D ~ ) hEE—, 0 21) RN K5
TR 1] B, iE .

X FETF 2 AR RANBATLLE XK AHETF.

EX3 &"23’019""0..EK%)‘J?W%&’Qiqu}J%ﬁv#E
qlais=qla, WMgFHa, a, H—PMAEF.a,,a, FIAENA
AT B RER M RKAEF.

KFETF2ABBHIBEKRAHEF RITA

EE2 ®Wn=3,a,a, ¥ a) # 0. AYE X

(ays=+yap) =((a; sy yai)rar), 3<k<n
oy
Ci) FEER -z, 15
ayx, + - +a,x, =(a,*a,).
Cii dCayyeersa,) & aryeera, MEBRKAHETF.
WA i) X n R 35 n=3, M d & XA
(a)sazsa3) = ((ay,a;),a;3),(a;,a,) > 1.
HER 1M il ), AT u Koo, #1118
(aysa))u~+a;v=_~(a),a;),a;) =(a,,a;,as),
XFHEBE u & v, f#i18
ayu; +av="_(a;,a,).
B it
a)xy ta,x; +azxs; = (a;,az,a3),
He x, TUUY 2Ty UV T3 =V %% n=m W,E‘.iﬂiﬂﬂTFﬁ%%rﬁJl’JHﬂ%
AT
@y 3@ms@mi1) = (@15 1a,) y@pi1 ).
HEH 18 il ) RIRRBRI, T EEE w,viu o u,, 575

(a;**sa,)u~+ apnv="_(a, s yap y@ps1 ) »
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ayu; + ot auu, =, rsa,).
T2
ayxy + o+ A, t A1 Toetr = (@157 A Qi ).
HA z,=wu sz, =tptt s Ty =v. X UGB n=m+ 1 . H
PIESERL. C 1) BIE5E oL
CidDHEX, BR (a1, 05a,) & arssa, WIERNAHET. & ¢ &
arssa, MAE—IERARTF, Ml FHEEER 2,2, fH1R
arx+ o Fa,xr, =(ay,a,),

(@yy++,a,) =M, M= Earq'.

BT M AL (a;,a,) = q. &Ex (ayy+e+sa,) B ar, - a,
KK AHF. iEEE.

Bil4n, ®ATH (2,3,6,) =((2,3),6) =(1,6)=1,002,3,5 6 R K
~HFRH 1.

& =]

1.3R(732,286) , 4k il —HEBE = Ky, f#i18
732x + 286y = (732,286).
2.3K(26,143,77) F Rt —HEE .y X =, 15
26x + 143y + 772 = (26,143,77).
($R7R: g B 2 M Cil D, AT HIXBE— 4 (s y s 2) AT AE L 3 7 AR B A
%R E—HEO.
3. n MEBRELEHG6 | n(n+ 1) (2n+ 1.
4.8 asbyc BE . bc £ 0 H(ab) =1. N HER 1 # Cii ), 3iF B
(a,bc) =C(ayc).
5.4 a 50 NEEMER 56 A2 NF),H |al+#1,5RiF(a+tb,
a—b) HF1%K#% 2.
6.i&x,y,a,b.c&dﬁ%%&v#ﬂl—%y*éﬁi.i&m=a.r+by.
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